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PRAIKOBILI & AnPLItSIMO VlRO 

J O A N N I 

Comiti Crafgrdi^ & Lindesi^, &c. 

^TS t-J^ir heHoratiJJime non Jatis mihi con- 
Jiiterat de tuavirtute, amore Literartm, 
&pr0greffu quem iit MatJjefeos Jiuiiio fe- 
cifti, «t^ibm adducerer ut LxKubratiaiKulas 
' hafce tHo mmini injcriberem ; mira tam(H 
tuabenevslentiain me,conatuJq$cemeos,effecit ut nuilus 
erat cui potiori fure, hanc tejjeram gratittidinis mea 
publice tribuam. Merito dignitas taa me cohiberet, 
nifi Jatis compertum habui, te omni etiamminimedeiec- 
tatum quod Geometriam fapit, aut utiie eji in huma- 
nioribus Literts. Nemo enim qui tua confuetudine 
utitur nefcit quantam operam in Jcientiarum Jiudio po- 
juifti, qux piurimum perpoliunt ingenium, ^ aptiim 
reddunt ad magna negotia rei-pubiicte fufcipienda ; cu- 
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jus tutelam ab inclytts majorihus tihi mandaiam hdbes, 
Et exemplar quidem perillujire ah illis accepijii ; nam 
omnihus notum, qui rerum Scoticarum 'vel leviter gnari, 
quam ftrenui puhlica Uhertatis vindices /uere, ^ in 
fumno rerum difcrimine quantum conciliis ^ arntis 
profuerei Sed de magnis praflat fdere quam levia 
dicere. Vereor autem ne in modefliam tuam peccem fi 
dicerem, Tatriam tuam non minora a te expe&are, 
quam a clariffimo quovis e Troavis tuis. Honoris en^m 
^ Lihertatis principiiSy qua generofos admagna ca- 
peffenda propellunt y te imhutum nontantum fperandum 
ef}, fedporro cuivis exploratum. Ctetjerum quis non 
mdety Thilofophum ^ Mathematicumy magnis Regnl^ 
^egotiis occupatum pra reliquis fua atatis, quipi^ri/ia 
tantum meditantur, longe in.fafiigtum gloriae pro- 
greffurum, Terge illuflrijfime vir, virtutem ^ dodtri- 
nam fequi, ut fis tandem non tantum Britaniae, fed 
^ feculi decus egregium. Jnterim ignofcas mihi quaefo 
nieam audaciam, quod patrocinium tuum, huic opufculo 
invocaverim. Et ut omnia felicitur fuccedant quae 
dig/ie conaris, Deum Opt, M^^* Trecatur 

Tui Nominis & Dignitatis 
Obfervantiflimus Cultor 

GuL. Braikenridge. 



P R ^ F A T I O. 

|UM in hoc tandera feculo, G?ometria mul- 
tos habeat cultores, & quafi ad culraen e- 
ve6ta videatur, ejufque «ufpicio pliires alan- 
tur artes, ut nemo Naturae ftudiofus non 
fatebitur; vifum eft in hac exercitatione 
Theoreraata quaedam proponere, quae mathematicis, 
haud ingrata fore, nec prorfus inutilia, libentur fpero. 
Kec eo minus placitura confido, quod fint de Geome- 
tria abftra£la & Curvarum natura; quid enim hodier- 
nis haftenus jucundius, aut uberiores protulit fruf^us 
quam Curvarum contemplatio ; five ufum Ipeftes in 
dificilioribus Problematis folvendis, aut voluptatem qua 
replent animum earum harmoniam &proprietates per- 
luftrando. 

Innumera funt naturalis Philofophias Problemata quae 
fine adminiculo Curvarum etiam altioruni generum, 
nec folvenda funt, nec demonftranda. Hujiifmodi ad- 
hibet plurima iUu/iriJ/imus Reutonus, qu» fibi & ali- 
is inexpUcanda fuifient, nifi Curvarum proprietates pe- 
nitus intellexiflet. Nerao autem facile dixerit Philofo- 

phiam 
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phiam naturalem inutilem eflfe : fruftratamen naturam 
perfequeris nifi primum Mathefin puram intelligis. 
Philofophia & naturae Hiftoria longe inter fe difFerunt, 
Phoenomena enim in genere, & eorem feriem multis 
obfervationibus confirmatam capere potes; fed de caufis 
vere&accurate diflerere, fme Geometriae etiamrecon- 
ditioris auxilio cft omnino impoifibile & argumentum 
ignorantiae procul dubio proferres. Ita olim fcntiebat 
Cl. Verulamius fui feculi perenne decus. " Multaequi- 
dem inquit naturae partes,nec fatisfubtiliter compre- 
hendi^ nec fatis perfpicue demonftrari, nec fatis dextr^ 
*' &certo ad ufum accommodari poffunt, fine bpe & in- 
" terventu Mathematicae. Prout enim Phyfica majbr^ 
** indies incrementa capiet, & nova axiomata educet, co 
** Mathematicae opera novain multis indigebit,&plures 
' " demum fient Mathematicas mixtas. . De Aug. Scien. 
*' Lib. iii. Cap. 6, 

Veteres Geometriam intra anguftos limites conclule- 
runt, & nihil unquam de Curvarum univerfali natura 
cogitaverc, animos tantum ad SeBiones ConicaSy CiJJoi- 
dem, Conchoidem, & qu^fdam alias Mechanicas Li* 
heas, vtz. Spiralem, & ilitadrancem, applicavere. Nec 
fas erat Geometris per plurima fecula ulterius progre- 
di. Recentiores vero tandem libertatis vindices vcr 
tuftos fines perrupere, & Lineas Curvas univerfaliter 
tradare caepemnt, eafque in ordines diftinguere, pro 
varia relatione ad re^as ex aequatione Algebraica cog« 
nita. Atque inde Mathefis incredibile incrementum 
habuit, quod & grato anino agnofcere Celeberrnno 
au<5lori IDi. Cartefio par eift. Veruntamen magnopere 

defi. 
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defiderabatur ad hanc Theoriam perficiendatn metho- 
dus generalis Sc facilis^ quaCurvsepotuerint in plano de- 
fcribi^ ut earumope conftruerentur problemata; &;hlnc 
deditaoperavariefefe exercebant Ci^t^m^/r^ quarundam 
Curvarum defcriptiones fatis faciles inveniendo. Primus 
autem omnium generalem methodum nionftravit acu- 
tijpmus NeutonuSi ope motus angulorum circa duo 
pun^ moventium^ quod & eo magis mirandum quia 
dabantur tunc nulia principia ex quibus confequi potuit 
talis Theoria. Haecdiumeditatus in aliam a Neutoniana 
longe diverfam^ & ni iallor fimpiiciorem incidi, quam 
hic explicatam habes^ & quoad fcio novam &inauditam 
reperies^ Sed quantum valeat, aliorumefto judicium. 
In concinnandis demonftrationibus algebraico calculo 
plerumque utor^ ita enim Theoremata ipfe inveni^ & nunc 
piget more veterum Geometricas demonftrationes com- 
ponendo tempus terere. Hoc officium quibus otium eft 
non invitus relinqup. Cognita prima Prop. casterafpontc 
iluunt^ nec funt inventu difficila, ^ propterea prolixi- 
us egi in CoroUariis Prop. t . recitandis quj» lucem ad- 
ferunt fequentibus. Sed ne opus nimium crefceret The- 
oremata de locis Geom. illuftriffimt idltrch. de IHofpt- 
/«^/tanquam notiffima fuppono. Prsterea hpc Theore- 
ma, wz. dua Linea cujufcfinque ordinis iu totpunBis 
fefe interfecare poffunty qu9t ffsnt ,Hnitates in.reBangU' 
lofuh earum indicibuSy tanquam poitulatum afTumo ut 
& alii qui in ejus demonftratione hasrere videntur. Cl. 
Geometra 7). Georgius Campbel inter plurima alia exi- 
mia inventa, quasob fummam ejus modeftiam apudeum 
latent^ hujus theorematis praeclaram habet demonftra- 

tionem^ 
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tionem, in lucem brevi ut fpero prodituram. Fuie qui- 
dem & laxe rem totam trad:avi, fed & hoc confuttofe- 
ci, ut tyronibus aliquatenus ftudeam; quod utinam & 
alii feciflent, nam plurima Mathematica fcripta funt 
adeo involuta & concifa, quafi aucSores artem celare vo- 
luiflent, ut multos deterrent ab eorum letlione, quibus 
nec otium, nec patientia, nodos & involucra explicare. 

Anno 1*7 z6 cum Edinhurgi degebam, Propofitiones. 
1, 4, s, ai, ai, ig, inveni, quod & tunc indica- 
vi dodliflimo D. Georgio Martin^ M. D. 2i^Fanurh An- 
dreae. Et infequenti anno 1717, per tres menfe? com- 
moratus Londiniy eas impertivi celeb viro D. J. Cratg 
Mathefeos peritifliimo, qui me hortatus eft ut publici 
juris facerem. Poft paucos dies accidit ut Ci. D. Maclau- 
rin Edin. Trof. inviferem qui tunc Londini fuit, & ille 
occaflonem na6t:us retulit fe colloquium habuiife cum 
D. Craigio, qui Theoremata mea fibi narravit ; dixitque 
infuper fe qusedam invenifl^ fimilia, & MSS oftendit qua 
innuebat inventa fua contineri ; fed qua ratione 'du6tus 
nelcio in manus meas non tradidit neclicuit in illud vel 
leviter infpicere. Poftea vero in Scotiam rediturus 
chartulam in qua erant Prop. predi6lae dtpofui apud D. 
Georgium Gordon; ut communicaret cum amico fija 
Cl. D. Defaguliers Thilojophiae Experiment alis Trofef- 
fore, & hic demum cum Regia Societate fed iniortu- 
nio quodam, ut mihi dixit, intercidit chartula. 

Denique benevole Ledor, fi haec tibi non movent faf- 
tidium, plura & forfan majora, poft paucos menies in 
una aut altera cxercitatione videbis ; interim vero ute- 
re & vale. 
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De Defcriptione Curvarum Primi Generis fvU Linea • 

rum Ordinis Secundi. 
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P R O P. I. 

CIR CAtria funHa data A^ i?, C in pano qU&vis tanquam^ch 
losy moveantur tres reSt^e ASN^ BSOy CONy qu^ fefe inter-- 
fecent infunSfis Sy Ny O, ^ ducantur duo tnterfeSiionum pmSfa 
S 5$ Nfer reSias DSKy R^N ^ojaione datas j dico reliquum O " 
SeBionem Conicam defcribere. 

Per punfta data A, B, C agantur duas redsc DABR & ACQ^ 
fibi occurrentes in A, quarum prior D A B R datis pofitione D K, K R, 
occurrat in D 8C R, altera vcro C A reftas D K & R K, fecct in Q^2C 
W, conveniant vero pofitionc dat» DSK, RKNinK; atquc ex 
pundis O, K, S, N, ducantur rcdag C A, parallelac O P, K G, S L, 
N E, qu» occurrant red» D A B R in P, G, L, E ; & a punfto dato 
C agatur C M H reftas D A B R paraliela, re^as OP, N E, fecans in 
M & H : ideoque dat« funt reftc AB, AR, AD, KG, C A= MP 

B =HE- 
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2 D E C U R V A R U M t 

* 

= HE. , Pomtur A B «= ^, ARtt ^j AD«^/, <>A*t», Ae = //, 
A L = «, curvre ordinata O P =^, abfciffa AP = >; ;"& quia danfur la- 
tera trianguloniin K Q R,' I> K G, fit G "R.: GK : z zt : g Si^ 
. P" G-- G K : : A ^ i ;.^ propterea ob. trianguUK G R^ D ItG, trlao*- 
gulis N E R, D L S, fimilia erit «.;^ ; > R E : N E, & <« : i : : DL :LS: 

&C indp NE:?.^-T^-4^d(;..L.S ^l-^y — ^-, ^.-^Quop|anvigitiir .trian- 

gula A feN, ASL, fuiit «■q(iiangaia;'2cAE f XL r1 EN : SL*, crit 

t ■ 

t3iz= -r—^—rT' C""^<!"« trianguk BPO, BSL funt &xxtti 

Cmilia, & BP :.BL : : PO : SL: erit a-x : ^-;s : : y : ^^~^^ 

a^y - dka -^- dkx ^ 



&proinde^*^-^.^ = dky. a-x-^rkz x/j-JTj&arsr ^^ ^^ _ ^ 
unde 4^^^^^ -^ = ^-y-^J^^-V^^AT g^ ,,ducendo eyadet » J 

gha^y^bakd^^bxdk C^tenim propter trlanguU 

aydkj^ga^y - gadk-Vgxdk-^-ka^-y '^ ^ '='. 

CMO «frCHN aquiangula, ell CM : MO : : CH ; HN ; quare 

ob parallclasCH&ABeritAP;OP-^CA: : AE:NE— CA, 

, S.b r- uz " ca ^ . 
adeoque x : y ~ c : : u : ^ '^ > atquc ita yua - cna^fz:. 

oc h ^ ^ oc a c 

xBz^^ xzu ^ xac: 2C invenitur u = — ^ r . iEquentur 

^ ^ ^ y a - c a^ xg ^ 

duo valores reperti reftas A E = i^, & ducendo numeratorem unius in 

denominatorem alteiius prodibit iEquatio Curvfle ad ablciflam AP dc- 

fcripta^, j;^' ^jf * + JLlL. £ ^ ,^> ycyx^gba x aF^: kd % y \cgdkx^ 

^ idg X bc ^-ac% X -fgbakdc = o. Ergo cum ordinata y^ & 

abfciila 
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abicllla X ad ^um tantum dimenfione$ aicendant^ patet figuram mota 
piinfti O delcriptam cffe Seftioncm donicam* • 




C O R O L. L 

Curva habeblt qulnque -pun&a data K, B, R, C, & Q^ i^^. In- 
terfedip K redarum R KN & DKS eft Curr» pundum, quia 
coincidunt ibi punfta S, N, & O. a^ Curva tranfibit per B 4C 
R, cum enim pun^um deicribens O decuilet; redam DAR eva« 

pefcct ordinata OP ~ jy, & propterta iEquatio evadet x^^^x -Vai^ Oj 

cujus radices fimt -^ a & +^, vel -V-B A & +AR; '^^ Deniquc 
Curva attinget punfta C & Qj nam fi ordinata O P =j^ tranfcat per 
Polum A, ibi coincidet cum rcda ACQ^, atque evanefcet abfciffa AP =;tf 

& ideo proveniet ^quatiojf* + -^» "^ ■ >^ •^J' + — :7~ = ^> cujus^ 



a 



ridi^ 



r 
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xadices crunt + /r & + ^-^, fcn + AC &C + AQj etenim AQj=: i^, 

quia /^ : i : : A D : A Q^ Ha^c etiam fine calculo eliciuntur. Per 
polos C & B agatur reda C B, quae rcftis K D SC KR occurrat in T & 
Z. Manifeftum eft quando interlcdio S redarum ASN, BSO, pcr 
veniat ad T, coincidet rcda BSO cum BC, &pun6lum O Curvam dc- 
fcribens erit locatum ad C ; atque fimiliter cum interfedio N reftarum 
A SN, C ON, attinget Z, refta C ON cadet in C B, & punftum O 
tranfibit per B. Pristcrca quando S veniat ad D fimul accedent re£ta^ 
ASN& BSO ad BAD, & punda N, & O coibunt ad R. Si vcropunc- 
tum N movendo pcr reftam NKR attingat W, coincident rc£kas CON, 
AS N, cum ACQ^, atquc punfta S 2C O coibunt ad Q^ Notandum^ 
tamen fi concurfus N reftarum C O N 6C A S N ducerctur, pcr rcdam 
DK, atque concurfus S redarum AS N 8C BS O pcr reftam KR, Curva: 
,tranfirct per punfita D & W.. 

« 

C O R O L. IL 

81 altcrutra redarum KD Sc KR tranfcaf pcr polum A, Punc- 
tum O in recta movebitur. Ponamus enim redam KR duci per 
Polum A, 8C evanefcent rectas AR 8C NE 8C ipfa abfcifla AP = a:, co- 
incidentque puncta AR, NE, atque recta a polo Cducta femper tranfi- 
bit pcr A. Jungantur puncta C 8c A atque recta AC crit locus 
punfti O* Tranfcat autcm altera D K pcr polum A, atque ideo eva- 
nefcent rectae AD, SL, &C ipla ordinata OP :=^yy coincidcntque puncta 
AD,^ SL, 5c recta a polo B ducta continuo tranfibit per A. Agatur refta. 
pcr B, A, £c haec erit ipla linea motu pundi O defcripta. 

C O R O L. IIL, 

Incidat reda K R, in qua movetur concurfus N redarum' C O N, 
A S N, in polum C, aut etiam altcra D K, in qua movetur concurfus S 

leda- 
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redarum A S N, B S O in polum B, 8C pundum O cafdcm refta» R K 
fiC D K, percurret. 




C O R O L. IV. 

Si polus C fit in refta K D, & interea concurfus N redarum C O N> 
ASN percurrat reflam NKR, aut etiam polus B accedat ad rec- 
tam RK dum concurfus S redarum BSO, ASN, moveatur per reftam 
D K j Figura defcripta redas A C W 8C D A B tanget in C & B. 

Nam in primo calii erit li : c : ; a : ky ^ indc c= -, atque adeo 

cum ordinata P O tranfeat per polujn A, & cvanelcat A P 5= x, provc- 

nit iEquatio ^* -V ~ x -y + — - ;= o^ cujus radiccs ^- ^ fic 4- — 

erunt.acquales, At in altero cafii erit ^ = ^, & ideo cum cvanelcat or- 

dinata PO^j^, emerget x* ^a^b ^ ^ x \ ab^o^ cujus radices + a 
& + ^ ficnt scquales. Undc liquet reftas A C W 6C D A B Figurara 
tangere in pundis C 6C B.. C O R O L. 
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C O R O L. V. 




OuodfiieaxDKScRK pafitione dits fint parallelc, & leaam A B 
fecentln D, R ; Curva evadet Hyperbola. Nam fi punda D, R, fint 
ad eaflem partes ipfius A, quia angulus KDA acqualis eft angulo KR A, 

& ideo k^gy orietur ^fiquatio^* + A xy + ^ x -^ 4. 



a6 



-^ 3tf * + <f+ ^ K *"-^- 4- -^-^ ;s; *. Camatur dimidium ex cocffi- 



££+^ 



r£+W^M^^*, 



denCetefimini xy^ ncmpc 9-^,8Ccjusquadratum fri 

majus erit coeflfciente * / = . > f Termini x* * j eft enim r V* +^*^* 

major quam o,cdgb (excepto tantum calu corolarii fequentis cum 
€d^gb)iX. addito utrinquc 2^dgb^ fiet etiam c d^ -^^cdgh ^g^S' ma- 
jor quam ^bc dg: adeoque per Theorcma notiffimum de Locis Geomc- 
tricis Figura eft Hypeibola. Jungantur pundta C, R^ & pcr B, D, 
ducantur red« BT, DW reftis DS, CR, parallclsc, fecentque rcdam 
C A in T, W,' & A polo B dufta B F red« C A parallcla, in ca capi- 



■«ta 



— 1«!- 



-A 



DE6CRIPTIONE. j 

atur B Z =i A Qjf T C - AW ; & Z eritCurv» punaum. BifTecentuj^ 
rc£la: CQ^& B;Z in I, 2C V 6C acta IV, hxccrit Dfamcter ad Ordinatas 
I Q, VZ. Si vcro puncla D 2C R fint ad contrarias partes pun^i A, emer- 

gct arquatio^* '^ f^ ^ ^ "^ — h ^ ** + ^^ -^^x — ! — —• 

- ^ — =s tf/ 6C cum quadratum cx dimidio coefiicientis Termini xy^ 

F^^^^^^ilde ^rd^ c^ • ^/1 iE • . •"^.?^ ^Abiidc 

nempe — ^^ — ■ ■ . ^^ ^ maius eft coefEciente — «-r = — ^ <> >, 

^ 4^^ -^ • ^*^ ^a k 

Termini x^ ; Eigura crit etiam Hyperbola* 



•• 
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Caeteris - tntncntibiiK iit> i/Bi.Coiol* prflsced. fi D dC R fint ad ca£* 
dem partes ipfius^ ,A, & punjlum T j^a locebir in rcda C A nt fit 
AR : AC : : AD : ATFigura mutabitur in Parabolam* Nam 
qui^ AR^x AT = AC X AD, crit. c^uoquc bgvzcd^ & proindc 
c^d* '+2cd&g'\' if^^g * = 4 r d6gj & ideo quadratum ex dimidio coeffici- 
entis Termini xy flccjuale erit coeffiaenti Termini :)f. Igitur pet Theorema . 
jam citatum Figura eft Parabola. Sumatur BZ = QA 4. C A - a AT^ 
& biffeais C QJfi B Z in I & V, duCatur redta I V ; hacc erit Figuras 
Diameter ad ordinatas QJ> Z V, 

C O R O L. VII. 

Si reaae KSD, KNR, fint alteratri reaarum.AB, A C parallel», 
Figura erit Hyperlxjla. Sint enim N R & DS, reftse AB parallelae, 6C 
proindc datae erunt NE 8cSL. . Ponatur EN:s=^, SL = i^, & prove- 

nit iEquatio Curvae xy -\- ^^"^-^l " '^J'-i^+i'* = ^> ^" Qua 

non invenitur Tcrminus x * quod indicio. eft Hypcrbolam delcribi, & 

eju» 



8' 
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cjus affymtoton rcftas AB parallelam. Ducatur B F a polo B rcft» AC 
parcUcla, & rcftas NR, QD fccans in F,X, dcinin rcSa RK, capiatur 
FT = CA, ct duda BT, qu» rca^.QD occurrat in G, & ih^rect^ B% 
iiat BZ r= SL + C A - GX ; 8C jb erit pundum Cur vae : biffeccntur .rei^aj 
CQ^ BZr in I, V, & acta I V, ca crit Curvs, Diamcter. Rccta vcro 




R NK cft Affymptotos. Et fimiUtcr fi D SK, RNK fmt rect® CA 

parallclap, coincidcnt p^ncta R, E & P, L, 8C habcbitur iEquatio cjuf- 

dcm 
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dcm fomit^um prccedcnte xy + ^^- dy •^^^'*'.£*ff ^ ^j^ i=, 

adcoquc figufa eft Kypcrbola, 8c Tccta D S, cjus afymptot«s. A punaa 
D, in recta DS, c^e DT » C A, «t (iicatur AT, rcctam RK fccana in- 
G, atque in G M rcct» A B paranda, fumatur CZ = AB + AR - RG» 
dcin biffeccntcr rccte CZ>3R m I, V, «C diicta I V, h«c «it Di» 

^mctcft >"* 



rf » 



'V • 



* « 




^ <niod la ttnum e duobus punctis Q_, R, (qu» per Gbrot t. &ntCui>»^ 
td puncta) abcat in infinitum, feu quod eodem redit fi D K fit recttt 
A C, vel K R ipfi AB parallela ^ figuia erit etiam Hyperbola. Fonamus 
enim DK rccts AG parallelam, dC coibunt puncta L, D, G, ac obtinebi» 

tur iftqttatio edgx*^ diWTJ^gSi^y xa + ^ + J >c - ^tn - a/^^ +j 

d^Ux^p: unde p^et figuramofymptocoa luibere redidHC^C;.paniUeIao)t 

C PetQff 
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JET Zf ▲ G P JK M 

Detur autem K R recta: AB parallela, &C erit N £ s K G^ £C ideo G, pro 

NE fcribatur g^ proveniet ^quatio ga*y^ '^r k%dcj^ac^ag^ xy 

^ga ^ kd-^-caay-^ckdgx + cgakd— Oy qu« paritcr innuit Currain 
aiymptoton habere rectis K R Sc AB paranelam. 

C O R O L. IX. 

Abeant pun£):a Q^SC R fimul in infinitum, yel quod codem redit (ifit 
D K, K R rectis AC, AB^ parallelac, SC ideo convenient, D, L^ G^ fiet- 

que KG=NE=:^; & inde orictur iEquatio -^ic^ac-ag^i^yx^ 
£ dgx - a dgy -^cadg^o : ix, propterea Curya duas Aiymptotos habe^ 
bit rectis A B, dC A C parallelas. 

C O R O L* X. 

Stantibus quas in CoroL 8. fiat in primo cafu d -^a^^-^/tX, in akera 

d^hra^ -«, 6cideo tcrminus ^ir^^eyaneicetyquodindlcioeftParabolamde* 

AR 
lcribi. Ponatur autcm in primo cafu DK=DR, tX. AC= AD= AB= — , 

2CiEquatioemerget x*«3/9X'- aiKjf + a ^»* = ^ , dcin biflecetur BR in 
V, £c agatur VX reitis DK, AC, equidiftans : atqiie ha^c erit Diametet 

ad 
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II 



ad ordinatas reds AB parallelas ac ajus Latus re^um erit 2AB & Ver« 

AB 

tex elongaWtur a refta A B R diftantia -^ - . Atfi in altero cam fit 

GK?=aAC, & AC= ABr=DA=DG, coincident punfta 0,A, 
& proveniet y^-say-aax-Via^^o. In re£la K G capiat«r 




P Jl 



K V = — , & acla VX rcais AB, KR aquidiftante, hasc erit Diamc- 



tcpad ordinatas redas AG parallelas, 2c Latus reAum fiet a AB atque 

AB 
Vertex diftabit a reda A C K longitudine -» Unde deducitur facit^-- 

lima Methodus figuram deicribendl ad Diametrum 2C datam ordinatam.^ 

C O R O L. XL 

* Sit polus A inter B 2C D, atque R ad contrarias partes ipfias D^ ftC ca<^ 
piatur ACsAD & DG = GK=GR, fiatque AB:AD:: BD ;: 
DR^ & ideo evanefcent Termini xy &C^j fiC proinde emerget 



y"^ 



d^x^ . d"" ^ b- a^x 



- ^* = ^, ubi Termfnus x^ ett affirmativus v 



ab ^ ab 

unde colligitur figuram efle Ellipfin redamque B R ejus Diametium^, 

quse eftad fiium Latusje£tum ut ^^ ad ^^ Locetur autcm po- 

C a luai 

^ Yid. fig. fcl. pafr 



IS 
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los A inter D& R, iti at B 2C R fint ad caiSein pattet ipfios A, &que 
GAssDA ec GKsDGsGR, £c infupcr AD : AR : : AB : AD+ftAB^ 
atqae adeo eYane£;et Terminus xy ^ ^ calculo fiido crit 



jr^^^fti/y + 



<i« x^ + ^ 




K j; 4» 4/* :~ tf, £c pfopterea dcicribe- 



cur Eliiplis. Per polum C agatur C X re^ DAB, a:quidiftana, atque 
hasc fiet Diameter ad ordinatas itdas A G parallelas, qus^ue erit ad 
Latns redom ut 4 ^ ad J\ Denique funto D &C R inter polos A £C B, 
ita ut D fit proximum polo A. Sumatur CA=DA, & GK«DG»GR^ 
atque AB:AD::BD: DR, £C proinde eyaneicent Termini 

9^ tX.yy prodeunte ^ . - — r- - T ^d^is^o. Itaque quia 

Terminus x* eft negativus, Figura erit Hyperbola Diametrum habcns 
BR ^^ ^ft ^d Latus re£tum abz^d\ G O R O L. 
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Aaxdat intericaio K fca^ftim KSD & KNR ad reaam BA, & id^ 
cokicident ponda D, R Sc K, ae figura redam R K N oondnget in R: 
Qainetiam fi inter&ftio K fit in reda G A coibant ponda Q^ W, K*, 
& fignra ledam DKS tanget in (^ Kam dadia ordinau OP tH redis 
GF & SL rcdiB NKR paralleUa, redamque BA fi opua eft produ^un 
fecantibus in P, F» «C 1, fit RFb/ 2c KhiSL-.iaik, ac- 
teris vero manentibus ut in Prop. prodibit obvio calculo fa ^y * 4-; 

i'^a''b*bkTf.yx\b-lfta*kb^%y -^ckba^^a^b^ ckbx^bcak^o 
•^ca*- -bca* 

adeoque cum abicifla A P fueric re£be A K asqualis, Termini fe mutuo 

deftraenC manente tanCum fa^y^^o five^ = o. Unde concludi licet 

figuram in nulio alio pundo reds R K N occurrere pofiTe, & quidem 

iplam R K N contingere in R. Et fimiliter ratiocinari licet de alteia 

reda D K S, cum interiedio K fit in reda C A. 

C O R O L. xia 

Quod fi unus aut duo e poli$ A^ B^ C, (vid fig. i«) locenCur ad diftan^ 
tiam infinitam ; re£^a& circa poloa ita moyebuntur ut fint fibi fempe^^ 
parallelie, 2iC datos angulos cum re£Hs pofitione datis R K K, D S K con« 
tinuo conficient ; Pundumque O deicribet Sedionem Conicam| nifi unum 
aut altcrum cafiim excipias quibus redam percurret 

COROL-. 

• Vid. Fi|. i; 



H 
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C O R O L. XIV. 

Abeant v«o tres poli A, B, C, in 
infinitum, 8C TcStx circa polos movc- 
buntur fibi fempcr parallcte, & Punc- 
tum O lincam reftam dcfcribct. Nam 
quia rcfta A S N movctur fibi parallc- 
la, datos ^Pgulos A N K, N S K cum 
pofitione diatis RN, DK conficiet, 8C 
idco dabitur ratio rectas S K ad S N> 
£C quia etiam rectac B S O, C O N da- 
tos angulos K S O, O N K cum rectis D K, RK pofidone datis cotifti- 
tuunt, dabuntux omnes anguli trianguli S O N, 2C proinde data erit ratio 
xedas S N ad SO, igitur ex a^uo dabitur ratio tc&x S K ad SO, atque 
pundum O continuo lectam O K pofitione datam ductamque per K, 
contixigcti. 

C O R L. XV^ 





P 



PC A.G 



:r« 



Xocentur poll A,. B, G in eadem recta,. atque punctum O liAeam 
Kctam pereurret.. Ponatur enin DGsGR UDG:GK::a:g, fitquc 
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©Tdlnata OP rectae KG.parallela, & iil3em fymbolis utendo ut in Prop. pro- 

dibit iEquatio. la^^c -^- ba^-^adc ^y -^-gba-gdc "^x-gdc yib-^a 

^gba^^ c+d=o. Ergo- cum ordinatajf & abicKTa x ad unicam 
dimenfionem afcendant ; patet punctum O recCam defcribere. 

In hac Prop. & fequentibus ; poios circa qlios moventur du» rectas» 
quarum interfectionc mutua delcribitur Qirvay & per quos ctiam ipli 
femper tranfibit, defigno literis B SC C ; Litera vero A, reliquum polum, 
circa quem movetur re£hi, ctijus duas interfe£tiones cumduabusprasdidis 
per rectas pofitione datas ducuntur, SC per quem ipia Sectio Conica de- 
icripta nunquam tf anfibit. * Quod & eo diligentius obfervandum, ut vi?- 
tetur confufio^ SC facilius ratiocinia noftr» capias. Vid. CoroL i 



PRORIL PROBLEMA. 



D 



AtlS Diamtro BR t$ ai^ulo Xi qum cum ea faeiatit orJi' 
natdy ^ Latere reEih Ly SeSiioHem^ Coitkam defcribere* 




ProJEUipfi. SeccturBRinA ut fit BA : AR: : BR :L, & ad 
punaam A conftruatur angulus B-AC^ «qualis datb X, atque prodtfifcr 

CA. 
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CA otrinque capc CA & AQ^aBqualcs red» AR. Pcr pxinfiluin R a- 
gatur ^.N redc5 AG parallcla, fiC jungantur R & Qj dcin circa punda 
A, B, C, tanqtiam polos movcantur rcdas ANS, BOS, GON fefc in- 
ter fecanus in punftis O, S, N,.&.ducatur concurfus N reftarum C O N> 
ANS pcr reaam N R, &; concurfus S ycaarum BOS^ ANS pcr rec- 
tam Q^R S ; atquc punflum Q EHipfin defcribet ad Diametrum B R^ 
qu0B ad ordinatas inclinatur in dato angulo X, ^ cujus Latus redum cft 
L. Ponami4semmBA«^>ARwCA*AQ*^,PB = x8cPOs^^ 
fitque F O kAs N R parallela y atque eadem analyfi qua ufi fumus in 

Prop.praxed.prodibitjf» + f^H-TT7>c.-^ = fc Undc coUigi- 

tur figuram eSe Ellipfin ^ ejus Diametrum ^ 4- ^ = BR & l^bere ad 
Latus re£him, utaz^i vel BR ad L. 




/x '•••••••.X' 



iT 




Idem allter i»o Elllpfi. Diyidatur B R in D, ut fit 
BR : BD : : BR + L : BR - L. In reda B R producta cape 
BT = BD ; dcin fiiper Diametris BR & DT, defcribantur Circuli 
R V B & D V T, qui fibi occurrant in V, atque ex V demittatar pcr- 
pcndiculum VA, 8c rectam BR fecet in A. Conftituatur angulus BAC 
ad punctom A «qualis dato X, £c capiatur C A asqualis rectas A D. 
Secetui^ DR i(i mcdio G, fic ducu GK lecte C A paraUel^, cencro G 
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& diftantia G D defcribatur Circulus rcctac G K occurrens in K ; atque 
pcr puncta D, K, SC R, K agantur rectae; DKS, RKN, Circa po* 
los A, B, C movcaiitur rcctac A NS, BOS, C O N fibi occurrentes in 
S, N, O, & ducatur concurfus N rectarum A N S, C O N per rectam 
K R, SC concurfus S rcctarum B O S, A N S per rectam D K, & 
punctum O Ellipfin deicribet ad Diametrum BR, qua: ad ordi- 
natas inclinatur ih dato angulo X, Latuique rectum habet L. Di-* 
catur AR == ^^ A B = ^, C A = A D = ^/, & jungaritur puncta B & 
V. Quoniam BR +L : BR - L : : BR : BD = B V, crit ctiam 
BR4L : BR-L : : BV : BA : : a^t^ *• ^, atque dividendo & 
confcquentes duplicando 2L: aBR- iIj : : d : 2a :: d^ : o,ady 
& ideo invertendo & componcndo BR : L : : ladJ^ d^ : d"^. Sed ex na- 
tura Circuli TA x AD = AV^=BA X AR, & igitur a ^^ + ^/ * = ^^, & 
proindc ab:d' : : BR : L* Per punctum O acta ordinata OP rccts 

AC parallcla, fitque BP==:v, & OP^^, & orictur jf * + — ^^ •' 
^^^^ a b ' 

~, = ^, quae cft iEquatio ad Ellipfin cujus Diameter 

^ 4. ^ = B R, eft ad Latus re£lum ut ab zii d^. Atqui oftcnfiim eft 
nad^+d^^ab : d^ : : BK—a + b : L, adcoque L erit Latus 
rcftum. 

* Pro Hyperbola. Producatur B R & ultra R capc A ut fiat 
B A : A R : : B R : L, atquc ad pun£him A conftruatur angulus BAG 
atqualis dato X, &[ produda C A ad altcras partes redas A B, capiatur 
C A — A Q^== A R. Per punctum R ducatur R N rcftae A C parallcla, 
«Cjunais R & Ctj moveantur rcaa: ASN, BOS, CON circa polos 
A, B, C fibi occurrentes in N, S, O, & ducantur N & S per reaas 
R N, R Q^i atque punaum O Hyperbolam defcribet ad Diametrum 

D ' BR 

ff 

i 

f Vid. fig. fcq. Pag. 
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BR 8C Latus re&um L* Nam ufflcm fymbolis utendo ut fupra prodi- 

l>it. y * r - — y ^ -iis^, qu« eft iEquatio ad Hyperbolam 

cujus Diameter ^ - ^ = B R- eft ad fuum Latus redum ut a ad by vd 
BR adL. 

Idem aliter pro Hyperbola. In recla BR prodafta cape punftum D 
ut fiat BR : BD :: BR -L: BR + L, centroquc BradioBDdc- 
fcribatur Circulus D V T. Ex pundo R erigatur perpendicularis V R^ 
quas Circulo D V T occurrat in V^ & pcr pundum V ducatur tangens 
VA ad circulum D V T, qux re^m B A fecct in A : dein ad pun&um 
A conftruatur angulus B A C xqualis dato X, SC capxatur C A = A D^. 
Super Diametro DR delcripto circulo DKR, per centrum G agatur GKL 
Tcds AC parallela circulo DKR occurre&s in K, 6C ducantur reds 
K.D S, K R N per punda D, K, & K> R. Circa polos A, B, C mov^ 
antur rcct» A N S, B O S, C O N, qife fibi occurrant in N, S, O, du^ 
cantur N 6C S per rectas N K R, K D S ; 8C punctum O Hypcrbolam 
ilefcribet ad Diametrum B R^ qux ad ordinatas inclinatur in dato angur- 

lo 
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lo X, £C habet Latus rectum L. Jungantur puncta B & V, fic deicri- 
batur circulus AVB. Quoniam BR - L : BR + L : ; BR : BD=BV crit 




etiam (retentis iii3em fymbolis ut fupra) BR -L:BR4-L::BV: 
BA:: a ~ d : ai &C inde dividendo fiC conlequentes dupiicando 
aL : aBR +aL : : ti : la : : d^ : za/i; atque convertendo 
2C inTertendo BR : L : : iaj - d' : d: Porro ex Elem. eft 
AB X AR= AV^ = AT * AD, ideoque ai = i'ad-d', & deinde 
BR : L : : >>^ : i^*. Per punClum O agatur ordinataOP recta AC paral- 

leIa,fitquePB=*,KPO=r,«Cprodibitequatiojr"-^"-^li^* " * 

= : unde conduditur figuram eHe Hyperbolam 2c ejus Diame 
a-t — BR fe haberc ad fuum latus lectura \A ai : d'', ^ ideo ] 
Idtus rcctum, 

D 1 
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Pro Parabola. A vcrticc R Diamctri BR, capiatiir AR :s= L, atquc 
ad punctum A conftruatur angulus BAC ^ualis dato X. In rccta C A 
utrinquc producta^ ab A ad contrarias partcs Diamctri B R capc C A 2C 
AQ^ «qualcs recta AR = L. Per punctum R agatur R N rcct» AC 
parallela, & jungantur Qj8c R. Movcantur rcct« O GN, ANS circa 
polos A, C, fit ycro altcr polus B ad diftantiam in&iitam in Diametro 
R B ad cal3cm partcs rects R N, atquc adeo rccta B O S per pohim 
B ducta crit Diametro B R continuo parallcla : ducatur concurfus N 
rcctarum A N S, O C N pcr rcctam N R, &C concurfus S rcctarum 
A S N, B O S, per rectam QR j 8t rcliquus O Parabolam defcribet ad 
Diamctrum BR cujus Latus rectum eft L =$ AR« Nam ducta ordinata 
PO reftae CA parallela, fit OP =j^ & PR « ^, & provcniet ^quatio 

•y^ = L X X. 

Idem aliter pro Parabola. Sit re&a DB acqualis Lateri refto L, fe*' 

ceturque in medio A. £t per pundum A ducatur A K reds D B 

^qualis conftituens angulum B A K sqilalem dato X, atque pcr cx- 

trcmum K- agatur KN rfed» DB parallelaj &C jungantur punda 

K, D. Secetur AK in medio C. Dein circa polos A, B, C moveantur 

reclx A S N, C N O, B O S, & ducantur concurfus, N & S per reftas 

NK 5C D K, 6C rcliqaus O Parabolam dcfcribet. Dividatur C K in 

mcdio Zy & duda ZR rcftis BAD> NK parallcla, hxc erit Diameter, 

qu^ 
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qus ad ordlnatas inclinatur in dato angulo X, 2C Latus redum habet 
L. Nam duda ordinata O P ad Diametrum Z R redas A K parallela ^ 

fit OP =jr, & Z P SB *, & orictur ^uatio^*» i^ + L >« x 

p R o p. in. 

"pER quin^ue funSia data SeSfionm Cwicam defcriiere» 




/ 

■••...\ .,,,„,„«•••»"•* ^ Js 



Sunto data quinque punda B, C, K, Q^ R. Ducantur diie 
reaas K CL 2c R K per tria data K, Q, R, fibi occurrente» m dato K ; 



K 
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6C per punda R, B, & Q^ C, agantur reda RB 8C QC quac conveni- 
ant in A. Circa polos A, B, C moveantur tcQx ASN, BSO, C O N, 
quac fibi occurrant in S, N, O; ducatur concurlTis S re£tarum AS N, 
BSO per reftam QK, non quidem per reftam K R, ex cujus pun^lo 
<3ato R dufta fuit AB R 5 rcftarum vcro AS N, C N O concurfus N pcr 
Tcdam N K R non autem per QK ex cujus punfto dato Q^ a£la crat 
QCA ; atque punftum O reftarum C O N, B S O concurfus Sedionem 
Conicam dcfcribet, per quinque punda dala B, C, K, Q, R tranfcun- 
tcra. Hxc Conftruftio demonftratur cx" CoroUaiii i Sc 3, Prop. i". 

C O R O L. L 




Hinc defcribi poteft Sedio Conica, per quatuor punfta data, quorum 
unum fit in data tangente. Efto cnim BA tangens data, punftumque 
B iri ea datum, atque reliqua tria C, Q^ K. Ex pundo K ducantur per 
a & Qj red» B K, QK, & jundis Q^& C, producatur refta Q^C A 
quag tangenti occurrat in A ; dein circa polos A, B, C movcantur refl:» 
A S N, B S O, C O N, fibi occurrentes in N, S, O ; ducatur N concur- 
&s redarum CON&ASNper redam B K, & concurfus S reaarum 

ASN 
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A S N, B S O, per redam QJC ; 8c punftum O Sedionem Conicam dc-^ 
lcribet qu« per dataK, Qj C tranfibit, redamque A B continget in da- 
to B. Per Corol. 3. Prop. i. 

C O R O L. II. 



V 




Quinctiam dcfcribi poteft Scdio Conica pcr tria punfta data B, K, C,. 
quorum duo fcnt in datis tangcntibus AC & AB. N^m convcniant tan-^ 
gentes A B & C A in A, & per punda B, C, in iis data ducantur ad rc- 
liquum K rc6tx BK, CK j deinde circa polos A, B, G movcantur re£he 
A S N, B S O, C O N, fibi occurrentes in N, S, O j ducatur concurfus 
N reaarum A S N, C O N pcr rcftam B K, Sc concurfiis S rcftaram 
ANS, BSO, per rcftam CK j atque reliquus O ScfbioAcm Confctm 
dcicrlbet quas tranfibit pcr datum K &C redas B A^ A G in datis B, G 
contingct. CoroL 5. Prop. 1. 



SECTIO 
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S E C T I O II. 

'» M 

*" ■ 1 » • 

De defcriptione Linearum cujufcunque Ordinis ope Li 

nearum Ordiais inferioris. 



P R O R IV. 

MOveantur tres rcB^ JSN^ BSOy CNO tn flano quovis^ circa 
tria fun^a data .A^ B^ Cy feje interfecantes in totidem funStis 
Ny «y, Oj ducatur unum S fer datam Lineam DSK ordinis n, @ 
alterum Npr reSiam ^ofitione datam KN\ dico reliquum Ltneam 
ordinis i n defcribere. 

Per punda data A &C B agatiir reda D A B R, qua: Lineas D S K or- 
dininis n occurrat in D, &C pofitione datse R K N in R, 6C fit Curv^ 
defcribendac ordinata P O in dato quovis angulo ad redam D A B R 
inclinata eamque fecet in P j atque ex punftis C, N, S ducantur rec- 
tas G Fji N E, S L, ordinatac OP parallelar, qu» rcfbe D A B R occur- 
rant in F, E, L. Deniquq cx dato C agc redam C M H reftar D ABR 
parallelam, & redas P O & N E fecantem in M 8C K.^ Igitur dar 
t^ ftmt CF, AB, AR, AF, AD. Ponatur K^'^ay AR=^, 
CF«^, AF^fy abfcifla CuiTae dcfcribendaB AParx", ordinata 
PO =^, abfciflfa Curvas; datac AL-ssjc, ordinata LSr=j, refta 
A E = i^ i 8C quia triangulum R E N eft fpecie datum fit 

R E : E N : : ^ : ^. Et inde E N =^*i^<5. Gencralis iEquatio Cury« 



» - I ————— n^z 



dat« DSK erit hujus formae S+ A« + BxS +CZ» + DZ + ExS, 



«-3 ' ■ •■' «r«-4 



+F«»+G«* + H« + IitS +K«* + L«»-t-M«»+N«4-VxS 



» — I 



+ P«'+CL«*±R«*.+ T»» + W« + XxS +C^. =<». Etideo 

fi 
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2$ 



fi extermmentur Z 2C S, fubftltuendo earum valores quantltatibus af ix.y 
inyolutosy producetur ^quatlo Curvae deicribends; eliminari autem 
pofllmt Z 2C S analyfi fequenti. Trianguk CMO flc CHN funt «qui- 

angula&ob CM: MO : : CH : HNerit/-.x .yc : :f^u:^^Z^-c 



adeoqne Ji 



'^'citT^u^ r^x K ^^-y - ^^ ^ ^ '^ ^_ 



xf^h -^hyf^ hp - x,6c 
9eg-\rhy r fg - hc 



Ec quia Trianguk ASL acANB func 




etiaffl fimilia Sc AL : LS : i A E : £ N erit »:s::u: 



h^u. 




h 



, »: 



proinde — 47-^ = *• .^qucntur duo valores reperti redat A E = «, 

2C ducendo unius numeratorem in denominatorem alterius prodibit 
xgb^byf ^ bgf ~xbc* zg^^sb^xg + hy-fg^hc x zgb'y 



& ideo S =r ^ -i^i ( 7— ?-*/-"l'^- Casterum Triangula B S L fic 

xgb^rbyf" bgf" xbc ^ 

BP O funt «quiangula, & B L : L S : : B P ; P O, atque ita erit 

E a-si 
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^ - ^ : r : ^ - x:y,^ s = " * Igitur fi aequcntur etiam duo ralorcs re£tat 

unde«= -«« >/ <> >// > j» y ■ li.imxox .. — cCdc- 

. , > aygKby^-yf-cb + xT 

mde j = -sssss: "j / > — ;; , r , In 

/^-x iLg^yb-^yj-bc -i-xc -^by^xg-^-fy^fg ^xc* 

SBquatione gcncrali fubftituantur vdlorcs jam inventi rcftarum Z & S, 



n n H ■ I ar n n « — i 



& prodibit -^quatiq ^ ^ ^ ^ ^y r yf^<^t + ^^1 '^ -^ ^ y g 



ff— I ■ »-i »-i »-1 



x^j-jy/-^^ + x^l xb^xg-^-yf^gf ^ xc '\' Ba y g 



j»-i " 

^by-^yf-cb^xcs %a-x%g%yb-yf''bC'\'XC'^by%xgJi^fy'-fg''Xc 



n n n-^z ■ ■ ■ ■ ■ \ » n-^ z 



n-i »-i H-z .»_x — __.. - 

ytTia y g x^^yf^ c6^x-c^ >iiyixg+yf^gf^xc 

-^^— ^^— — ^— ^^^— ^— ^— — ~— ^^— — — — ^— ^^-^^ 

^a-xtcyA-yf-l^c-^rxc-^-fiyyixg^^jyiJJ^c^-Ea y /"' 

^a-x^yb-yf-b c-^xc-\-ly x Arj^+/y -^^ - xj 
4- (^. — tf. Ergo cum ^quatio ad totidem dimenfiones alcendat quot 
funt unitates in numcro i n, patct Lincam motu piinfki O dcfcriptam 
efle ordtnis 2 ff. 

Idem Altter, 

Sit B F V L G H Linea data ordinis «, & ducatur reaa P R T in plano 
Line« motu punfti O dcfcript», & inveftigandum fit in quot punais 
Curv« hasc reaa occurrat. Si punftum O moveretur per rccftam RTK 
& interea alterum N pcr redam QJJK pofitione datam; reliquum SSec^ 
tionem Conicam HGSQJPE dcfcribcret, qwe dat» Iii>cK EFVLGH 

ordio 
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ordinia m occurrat in punftis H, G, F, E, ^. Sie contra fi illud S duce- 
rctur per jam defcriptam Sedionem Conicam HGSQFE & alterum N per 
rcaam KN ; rcliquum O deftriberct reftam RTK. Moveatur jam 
puodum S per Lineam £F VLGH datam ordinis », alterum vero N 




per redam Qj(^K, 2C quoties pundum S occurret interie6tionibiis, 
H, G, F, E, ^. Sedionis ConicaB 2C Lineas ordinis n ; reliquum O erit 
in reda RTK : fi vero S fit in aliis CurysB EFVLGH pun£tis, non erit 
punaum O in reda R T K, fed Curvam F M R T defcribet. Cum igi- 
tur Scdio Conica occurrere poteft Lineas ordinis n in pundis 2 n, ma- 
nifeftum eft Lineam F M R O T motu pundi O deicriptam rcdae RTK 
occunere in punftis 2 n. Adeoque quia in tot pundis Curva quaevis 
icctam lineam iecase poteft quot funt unitates in numero indicis {\ix, 
patec luneam mota puocti O defcriptam efle ordinis 2 n. 



E 2 



COROL 



aU D E C U R VA R U M. 

C O R O L. L 

*Gum mcthodo hnjusProp. delcripta toties tranfire potcft per datum 
punctum R interfectionis rectarum N K R & A fi R quot funt unita- 
tes In n. Nam Linca data D S K rects A B R occurrere poteft in n 
punctis & proinde punctum S interfectio rectarum B S O & A S N mo* 
Tendo attingat rectam A B R in totidem punctis ; fed quando punc* 
tum illud S fit in recta A BR^ Linea motu puncti O defcripta rectam 
A B R decufTabit in puncto R. 

COROL.IL 

* 

Curva etiam toties tranfire poteft per polum C quot lunt unitates in 
». Nam fi ducatur recta per polos B 2c C, Curva D S K hanc rectam 
fecare poteft in punctis quorum numisrus eft », 8C cum concurfus S 
xectarum ASN, BSO pcrcurrendo Curvam DSK perveniat ad inter* 
iectiones rccta^ £>C Curva? punctum deicribens O erit in polo C 

m 

P R O P. V. 

Tlfdem J^qfitis : ducantur duo interfeBionum pinBa St$ Nfer Lineas 
datas XV S ^ EKKL^ ordinum n CiS m j dico reliqHum O Lineam 
MV i^jR ordinis intn defcribere. 

In plano Lineas motu punfti O defcripta? agatur reda P QT, & int- 
vefb*gandum fit quoties curva huic redae occurrere poffit. Ponamus 
pundilm O duci per redam P QJT, 2c interea alterum S per Lineam 
datam X VS ordinis n ; 2C reliquum N defcriberet per Prop. prasced 
Lineam EFGH ofdinis m^ quas Liqeas ENKL dat9& ordinis m 
occurrat in pundis B^ F^ N,- K, Vk. & viciiflSm fi duceretur punttum 
N pcr Lineam jam deftriptam £FGH ordioi» »»> & alterum S 

pcr 

f Vid. fig. Pag. ^5* 
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per datam Lincam X V S ordinis n j reliquum O pcrcarrcrct rcftam 
PQT. Movcatur nunc punftum N pcr datam Lincam ENKL 
ordinis », atque altcrum S per Lincam datam X VS ordinis », &quo- 




ties pun£(um N occurrat interfe£tionibus E, F, N, K, ^. Linearum 
£ FGH & E NKL, ordinum 2» & m ; pundum O erit in reda 
P QT. Si autem N fit in aliis Curvas E F K L punftis, non erit 
pundum O in reda P QT. Sed Linea E N K L ordinis m occurrcre 
potcft LincsB ordinis a » in pun&is o.ntn\ H. ideo conftat Lineam 
MQjOTR motu puncti O defcriptam in totidem pundis rcdam PQT 
iecarc, £C eam efle ordinis mm» 



I^ROP. 



^o 
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P R O P. VL 

f>IRCA triafundta data A-, B^ (7, mflaua quovis tanquampolos 
moveaittur tres reSia ASNy BSO, C NO fibi occurrentes in tri- 
Bus ^nnStis Sy N, O ; ducatur unum Nfor re^am NR fojaione datam 
^ alterum Sfer Lineam datam AS Ky ofdinis n fer folum A tranfe^ 
untem ; dice reliquum O defcripurum Lineam ordinis an - i. 

Per polos A 6c B quorum unus A eft in Curva A S K, agatur reda 
A B reftac KR pofitione datae occurrens in R, & a pun£lo defcribentc 
O lit ordinata O P, reftam A B R lccans in P, 6C cum ca datiim angu- 
lum conftitucns. A pundis C, S, N, ducantur rt^ CF, SL, NE qu» 
ordinatflB OP fint parallete iecentque redam A^BR in F, L, E j dein 
pcr polum C agfrtur C M H refbe A B R paraltela, re£kifqiic O P^ N E 




occurrat in M & H. Ideoque dantur re£l« C F, A B, A R, A F. 
Dicatur AB = ^, AR = ^, CF = r, AF=/: Abfciffa Curvss de- 
fcribendac AP = Xy ordinata OP=:jf, abfcifla Curvas datfle ALsrx;, 
ordinata L S r= x, 2C proptcr triangulum R E N fpecie datum fiat 
R £ : EN :: ifig^ Quoniam polus A a quo incipit abfcifla AL= ^ 

fit 
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fit in ip& Gurva A S K, conflat generalem ^quationem non habe- 
re terminum abi(dute cognitum, fiC proinde iGquatio ordinis n Gurr» 
A S K erit hujus fotma 

4-A;s + B;s* +C«» +D«* 

+ E + Fg+Gg* +Hg*-' xS 

-V- K + Lg + Mg* •.. .+Ng''-' y S' 

+ P + Q^«+R«* + T;s*-3xSJ+ tSc, «tf. 

In qua nullus eft Terminus qui non ducatur in Z vel S. Goefficientes A, B, 
D, £, ^. funt quantitates cognita;. Sed eadem analy fi qua ufi fiimus in 

Prop. 4. mvenire licct Z=a=: — — -—^- "^ y , , — 

a~x*g %yb - yf- bc-^-xc-k-iy % ^-^jf^fg - xc 

lorcs rcftarum ^ & x cundcm Dcnominatorcm habent, ac uterque Nu- 
mcrator dudus cft iny Subfiituantur valorcs rcpcrti in iEquatiohc 
gcncrali Curvas ASK, &C prodibit ^quatio in qua x &^ ad totidcm 
dimcnfioncs aiccndcnt quot funt unitatcs in 2 ^^ SC omnis tcrminus duc- 
tus crit in j^. Dividantur tcrmini pcr y & cmcrgct jEquatio ordinis 
in-- i. Adcoquc Linca motu pundi O defcripta ctt ordinis a » - i . 

Idem ^liter. 



^ Eftocnim APELH data Linca ordinis 0, £C in plano LincdD 
OT WZ motu punfti O defcript» ducatur reda OTZ, & invcftigandum 
fit in quot pundis Curva OT WZ, hanc rc6hm fccct. Si duccretur punc- 
tum O pcr rcftam OTZ, & intcrca alterum N pcr rcdam KNR pofitionc 
datam ; reliquum S delcribcrct per Prop. i. Seftioncm Conicam ADBSK^ 
pcr data punda A £C B tranfeuntem, quas, Lineas ordinis n ocurrat in%n 
pundis A, E, S, F, H, ^r. 2C vicc ycrfa fi punftum S moverctur pcr 

Scdio- 

• Vid. £g. fcq. Pag. 
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Seaionem Conicain ADBSK jam dcfcriptam atque altcrumN per 
rcaam K N R, reliquum O percurreret redam O T Z. Movcatur nunc 
punaum S pcrLineam datam APESLH ordinis .», (quas tranfcat 
pcr ^lum A) 2C alterum N per redam KNR, 8C qilotics punaum S 
occurrat interfeaionibus E, S, F, H, ^c. Curv« & Seaionis Conicae, 
pundum O erit in reda O T Z, at non fepius j cxcepto tantum cafii 




cum punctum S tranfeat pcr polum A, ibi enim recta A S N tangce 
Curvam datam APELH ordinis ff, 2C punctum O iion crit in rccta 
O T Z, nifi altera intcriectio £ coincidat cum A, atque Sectio Conica 
2C Linca ordinis n leie tangant in A, adeoquc cum punctum S occurrat 
interfcctionibus JE, S, F, H, ^c. quarum numcrus eft a»~ i, punctum 
O crit in recta O T Z ; & iridc Ciirva O T W rcctam fccabit in 2 » - 1 
punctis, at non in pluribiis. Ergo Linca motu puncti O defcripta eft 
ordinis a»-i. 

COROL. 



^ 
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t 

C O R O L. L 

01 per polos A SC B ducator recta B A ut rect« N R productx 
occurrat in I( ; Curva deicripta tot habeat arcus in puncto R quot funt 
uoitates in numero n^^x. Nam Linea data H L S P A ordinis n redam 
A B fecare poteft in n pundis, & ideo pundum S interleftio rcdarum 
ASN| BSO) mpvendcr per Lineam H L S P A redtam B A attinget in 
totidem punftis \ dum vero illud S (it in reda B A coincident redas 
B S O, AS N cum re&a B A ; excepto tantum cafu quando S percurrat 
pundum Ay ibi enin redse ASN, BSO non coincident fed reda ANS 
crit tangens Linea dats HL SP A, £C proinde punftum O Curvs de- 
fcriptie interle&ionem R redarum B A, N R non attinget. Adeoque 
toties Curva defcripta tranfibit per pundum R quot funt unitates in nu- 
mero n - 1. £t fimiliter fi concurfus N redarum A S N, C N O, move- 
atur per Lineam datam ordinis n^ cohcurfus vero S redarum ASN^ BSO^ 
per redam pofitione datam, &C agatur reda per polos A, C qux pofi- 
tionc dats occurrat in Qj Gurva deicripta habere poteft ^ - 1 punda 

ina 

C O R O L. II. . 

« 

Cunra deicripta toties tranfire poteft per polum C quot funt unitates 
in indioe n. Agatur enim reda per polos B> C, £c Linea data HLSP A 
ordinis n koic redae occurrere poteft in n pundis ; quoties autem con* 
curfiis S lAovendo per LiBeam H L S P A ordinis n perveniat ad inter- 
i^^diones rectas BC^ 8C Line^s H L S P A, pundum dcfcribcns O locabitur 
in polo C. Et pariter fi ducatur concurfus N rectarum ASN, C NO 
per Lineam datam ordinis n^ SC concurfus S per rectam pofitione da* 
tam \ Curva defcripta. habere poteft n puncta in polo B. 

F COHOL. 
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C O R O L. IIL 



QninctiamCurva defcripta habere poteft »- i punda in polo B. Aga- 
tur reda per polos B^ D, qu« poiitione datae NR occurrat in T Cc jun- 
gantur punda A, T. Quoniam Linea data KAS ordints n rede 
AT occurrere poteft in pundis n ; concurfus S redaram ASN, BSO 
niovendo per Curvam illam K A S tranfcurret redam A T in totidefh 
pundis, & ideo concurfus alter N rcaanim ASN, CNOtoties ^oincidet 




cumpunAoT, excepto tantum cafu quando concurfos S trahCt per poluni 
A, ibi cnim reda A S N crit tangens Curtas datas K A S, atque adeO 
punda N 6C T toties tantum coincident quot funt unitates in numero 
« - I. Coeuntibus vero N, T, coincident redas C N O &C BC, pundum- 
que O locabitur in polo B. Adcoque Curva motu punfti O deicripta 
habere poteft » - i punfta in polo B. Et fimili argumento fi ducatur 
concurfus N per Lineam datam ordinis », & concurfus S per reftam 
pofitione datam j Curva defcripta tantum habere poteft ir - i punfta ia 
polo C. 

C O R O L. IV. 

Si Curva data K AS L fit Seftio Conica, evadet Index n s 2, atque 
Curva deicripta fcmel tranfibit per puncta B> R> £C dupliciter per C. 

PROP. 
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jlfdem fofiis moveatur ctmcurfus N reSfarum ASNy CNOfer rec-- 
-* tam KR fqfititme datam^ SJ cancurfus S reStarum JSNy BSOfer 
Lmeam datam KBS ordinis ntranfeuntem fer folum By ex quo du^ 
chur fe£fa BSO\ vel nmieatir concurfus Sre^arum ASNy BSO 
fer reSiam fefittone datam^ 8} concurfus N reSfarum ASNjCNO fer 
Lineam datam ordinis a tranfeuntem fer folum Cy ex quo duita ejl 
reSfa CNO : dico in utroquo caju reliquum concurfum O defcrifturum 
Uneam ordtnis a n - 1. 

Imprimis moveatur concurfus S reftarum A S N, B S O pcr Llneam 
KBS ordinis n per polum B tranfeuntem* Agatur reda per polos A, B^ 
qusb pofitione datas N R occurrat in R, 2C ex pun£to defcribente O a£la 
oidinata OP ad redam AB in dato angolo inclinata) per punda C^S^N, 
ducantur red^e CP, SL^ N£ ordioatio OP pataUelx, 6c quas rectai 




A B occurrant in F, L, E ; atque per polum C agatur C M H redss AB 
paiallela reaalqne OP, N£> fecet in M, H. Dicacur AB s: ^, AR =^ 

Fa AF=jS 



3(5 D E C U R VA R U M 

"A P -s/, C F = r, A E = «, Curv» <3at« K BS ordinata S L s= /, ab« 
icifla fi L s= 2;, Curv» defcribendas ordinata O P = y, ablcifla A P = jr, 
f^ quia dantur anguli trianguli R E N, fit RE : EN: : ^ :^, & indc 

N E ss ^ r« . Quoniam igitur triangula A L S, A E N funt «qui- 

angula Jc AL : LS : : AE : EN erit a^z : s::«: -^^» ^^^^ 

Uz::^Sjr^^S^ Et ob triangula CHN, CMO, fimiUa. fiC 
os-^ag"£ig 

QH : HN : -. CM : MO, fict/-»: ^^-»|-^g . .y,^ .^,^ • 
8C proinde « = i -^ >* ?^ ^ .;. ; atquc adjjo y 7 ■ — -£ « 

by-bc'fg-\xg -^- y/-^x-*y + ^<rx^ 

Praeterea triangula BSL, BPO fiint fimilia, ac B L ; LS : : BP : P 6, 

& deindc :gi\ s\\ a^x \y\ adcoque «= ■■ ■ ^^ ■ « jEquenturvalorci 
abfciine ;s =: BL, Sc propccrca cmcrgct Curva: datas KBS ordinata 

s = = Yi*iti^ ^-t^ ^ . .& i«f«p« 

a-x^g ^yf-cx-by-^bc^ybnyf^fg-kgx^xt 

^x^agi^yi^cx-lh^bc . ^^ 



abicifla ;s — ■ __ , 

a-X'^g^yf^cx''by^l^c^yb%yf^fg^gx^cK 

tuantur valorcs rcpciti ordinatas S^ &C abicii& Z Curve datac KBS in 
in «quationc generali A« + B«* + Ca' . . . • '. D«* +• 
S xt + F«+G«». ....H^ » + S * >c K+L«+M«* N«*-* 

+ S» xP + Qje + R«' T«« 2 4. 5gf. tTbi deeflc dc- 

bet quantitas ablblute cognita, 2C producctur ^^quatia ordinis a n cujus 

F a tcrmi^ 
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tennini omncs ducentur itiyf-^cit^^by ^bc. Dividantur tcrmini pcr 
yj ^xc ^ by ^bc^ti. prodibit iEquatio ordinis %n^i. Idcoque Li- 
iKa motu pundi O defcripta erit ordinis in^u Moveatur jam con* 
cosSm N redaram ASN, G NO per Lineam datam ofrdinisir tranfeun« 
t€m per polum G &C concurius S per redam podtione datam ; atque ea«>* 
dem analy (i mutatis mutandis patebit Lineam motu pun^li O defcriptam 
eilc ordinis %n^u Demonftratur ctiam' ad modum pofteriorem Pro|^ 
pfseced. 

C O R O L. i. 

* 

Curva defcripta tot Iiabere poteft arcus in R quot funt unitates in nu-^ 
mero is - 1* Nam Linea RBS occurrere poteft reda^ AB in pundis ir ; SC 
cum concurfiis S movcndo per Lineam KBS decuflet redam AB, punc» 
tum de£;ribens etit in R, nifi cafum excipias quando S tranieat per po» 
lum B \ adeoque Curva habebit n --* i puncta in R. Bc fimili ratiocinio 
fi concurius N redarum ASN, CNQ percurrat Lineam datam ordinis n 
per polum C tranieuntem, alter vero S redam pofitione datam^ atque a» 
gatur reda per polos A, C^ qus. pofitione dat» occurrat in^Qj Gurvtr 
deicupta totaes tnmfibit per pundum CLquot funt unitates \un-^u 

CO R O L. n. 

Currx arcus n- 1 concurrere. poflunt in polo C. Jungantur enim^ 

poli B & C, & Linea data ordinis n hanc redam fecet in n pun£lis ;. 

& ideo quoties concurius S movendo per Lineam datam KB8 attingat. 

ledam B C pundum O locabitur in polo C excepto tantum caiii quando^ 

S petveniat ad polum B ; nam ibi r.eda B S O erit tangcns Lineas datsc 

KBSdC proinde pundum O non erit in reSa BC \ tdeoqueCurva deicripta 

habebit «-i arcus in polo C. Et (imiliter fi concurfus N redarom 

ASN^ CNO agatur per Lineam dacam ordinis n^ tranieuntem per^ 

polum C, cohcurfus vero S per redam pofitione datam Curva de» 

fcxifta habebit n^\ punda in polo B. 

COROL. 
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Curva defcripta etiam habere poteft n punda in polo B. Ducatur 
re^A pcr polaj B, C, qu« pofitione datam N R fecet in T, & jui^n* 
tur puHfta A> T. Quoniam Linea data K B S ordinis n redam T A fe^ 
care poteft in. pundis n , concurfus S movendo per Lineam K B S de* 
^uflabit redam AT in totidem pundis atque ita concurfus N toties co- 
incidct cum pundo T. Quando autem concurlus N attingat puo^ni 



A P 



.-••*'* 



T coincident rcfbc CNO 8C BC, ac punctwm dcfcribcns O tranfibitper 
polum B. Et igitur cum totics pcrvcniat concurfus N ad punctum T 
quot iunt unitatcs in iadice n^ liquct punctum dcfcribcns O tot yicibus 
pcr polum B tranfirc. Adcoquc Curva motu pnncti O dcicripta habc« 
re poteft n puncta in polo B. Et paritcr fi ducatur concurlus N pcr 
datam Lintam ordinis n tranfeuntcm per polum G ftC concurius S per 
rectam pofkione datam ; Curva dcfcripta habcre poteft n puncta in 
polo G. 

C O R O I^ IV. 

Si Linea data KBS fit Sectio Conica, evadetindcx n^ay SC ideo 
Curva dcfcripta fcmcl tranfibit per puncta G £C R £C dupliciter pcr C* 

Schotinm. 
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■ 

Inprop.4. RiCtt^odum demcnftravlmas qua dclcribi poITunt Lineas 
quarum index eft numerus par, atque ex duabus noviffimis Frop. conftat 
methodus Lineas defcribendi quarum index^eft impar; Sc ideo theorlam 
perficimus Lineas deicribendi cujufcunc}ue ordinfs ope Linearum ordinis 
inferioris. Speciatim vero liquet quomodo defciibi poiTutit faciilime 
Linea^ tertii ^ qtiarti ordinis ope Sedionis Conicac. Opus haud dif- 
ficile aggrederer, fi in hoc loco Linearum tertii ordiais fpecies detegerem 
pro vario fitu & fpecie Scftionis Conicas ; led vix operac pretium erit, 
€um vercor ne dormitet leftor perfcrutando prolixum calculum nuUius 
fere ufus. Qui plura vult ipfe adeat calculum^ £C fbrfan fuo majus de*- 
kdabitur^ quaai fi meum legeret.. 

p R o p. vra. 

jSdem f$Jhis ut in Tr^. 6. ducantur ^ancurfus S V^ l^ fer Unea^^ 
^ datas S MA QS ERZL ordinis n C!5 mi, quarum, una SMA 
tranjeat $er ^oium A^ atque comurfus O dejcrihH Lineam ordinis 
A 12 m ** m« 

* In plano Lineas X T V O motu punfti O defcriptas agatur redb 
XVOi & quapratur in quot pundis CurvflB hasc re£ka occurrat. Po- 
namus punctum O moveri per rectam X V, & interea alterum S per 
I ineam datam S A M ordinis n quac tranfcat per polum A ; & per 
Prop. preceA rcliqmim N defcribet Lincam F N H K MAinis a^w i, 
qu« dattc Linese £ R Z L ordinis m occuxrat in punctis F, E, N, R, K^ 
C^. quorum numems tii ^nm-^m: £C viciilimfi moteatur pundum N 
per Lineam F NHK jam deicrlptam ordinis m-* i, & alterbm S per 
datam Lineam S AM ordinis n \ rehquum O percurr«t redkun X VO*. 

Movea^ 

f Vid. fig. fcq, pag. 
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Moreatur nnnc pundum N per Lineam datam E R Z L oidints m^ 
2C alterum S per datam A M.S ordinia n } U. quoties pundum N tran- 
fcat per intcifeaionc» F, E, N, R, K, C^. Lincarum ERZL 8C 




ENHK ordinum m l^ %n'^ i^ punctum O erit in recta XVO: 
£C cum N fit in aliis puncti^ Lineas dat^ ERZL ordinii m punctiim O 
non tanget rectam XVO. Sed interfectionum numerus quibus iefe iii* 
teriecent duryas £ R Z L, F N H K^ eft ^nm^m \ adoDque Linea 
X T V O motu puncti O delcripta in totidem punctis rectam X V O 
iecabit; £C inde patet XJneam ^fle ordinis ^nm^m. 



P R O P. IX. 

* ^n 

T^Jhis qu£ in Tnf. 7. Mtnjeatur cmcurfiu S re^arum ASNj BSOy 
^ fer Lineam orJinis n tranfeuntem ferfolum By ^ concurfus N 
reSfarum ASNy CNO fer Laneam ordims m ; ml mcFoeatsur concur^ 
fiu N fer Lintam ordinis tx tranfeuntem fer fohm C7, ^ c^ncurfus S 
fer Uneam ordinis m \ atque in utroqne cafii reliquus Cdmcurfi^s O de^ 
pribet XJneam ordinis a n m *- m. Vid. fig. Prop. 7, & 8. Demon« 
ftratur ad modum fuperioris. P R O P. 
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P R O P. X . 

JJ^dem ftfAts : mvoeantur concurfus S ^ Nf^ Lituas datas SAM^ 
NECL erdinum A ^ m, quarum u»a SAM^tranfeat fer j^lum 
AvelBi aitera tiero NECLferfehm AvelCt ita utjaml no» traef 
feaat Une^ SAM^y NECL fer atndm fokmA\ dko cemcnr» 
fum O defiripturum Lineam ordinis i n m - m - n. 

In plano Curvae ddcribends motu pundi O agatur refta O T Z, £c 
inquirendum fit in quot pundis Cunram fecet. Si ducatur concuritis O 
per redam OT Z flC.concurfus S redajum ASN, BSO per Lineam 
SAMQ.ordinis n tranieuntem per polum A Tcl B; reliquus N rec- 
tvxaa ASN, CNO defcribet Xineam HFCK ordinia 2» - i, qute 




puneta-i» liabeat in polp C (per Gorol 1, .Prqp. 6,) ttqte X^nec datas 

NfiCL ordinis m oecurrere poteft in pundis H, F>£, K, L» ^. 

qudrom niimerus c&.2nm-m. Et .Yid0im fi agatur copcurfiis N per 

Liaeam HFCK jam d^riptam Drdims,aii«>.iv K owcttrias S per Li- 

G nean» 
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ncam S A M Q^ordinis n ; pundum O defcribet iplam redam O T X 
Moveantur nunc concuriiis N & S pcr datas Lineas N E C L, SA M CL 
ordinum fnS<.n, quarum una N EG L ordinis m tranfeat per polum A 
vcl C, &/altera SAMQjordinis n pcr polum A vel B, ita ut fimul 
non tranfeant Lincs datas N E C L, S A M CL pcr eiindem polum A ; 
& quoties concurlus N percurrcndo Lineam datam N E C L ordinis m 
occurrat intcrlectlonibus, H, F, E, K, L, ^c. Lineas datse NECL & 
Linca5 HFCKordinis 2»-i, punctum O locabitur in refta OTZ; 
cxcjcpto tantum calii cum concurlus N, pertranicat polum C, ibi cnim 
rcfta CNOcrit tangcns Curvas datae NECL, ac proinde pundum 
O non crit in rc£U O T Z. Sed coincidunt n punda intcrfe£lionum 
Lincarum NECL, HFCK ordinum m 8C a » - 1 in polo C j & idco 
cum concurfus N occurrat n pun£tis intcrfcdionum in polo C, concur- 
fus O non crit in rc&a O T Z , adeoquc pundum O totics tantum oc- 
curret rcftaB OTZ quot funt unitatcs in numtro inm-^^m-nz Et 
inde Linca O W X motu pundU O dcfcripta crit ordinis mm '^m-^n. 

P R O P. XL 

njrOveatur concurfus S reBarum ASNy BSOy fer Lineam ASK 
^ '^ ordinis n qu£ {unEia x habeat in alterutro e ^olis A^ B^ ^ con^^ 
curfus Nreifarum ASN^ CNO ferreBam RNpJtttone datam\ vel 
ducatur concurfus N fer Laneam ordinis n funStaque r habentem in al* 
terutro efolis A^ C, ^ concurfus S fer re^am fojttione datam) atque 
reUquus O defcriiet Lineam ordinis 2 n - r. 

Imprimis pcrcurrat concurius S Lineam ASK ordinis n quas punda 
r habcat in polo A. Agatur rcfta BA pcr polos A, B quae rcftac NR 
occurrat in R ^ deindc cx pundo dcicrjbentc O a£ta ordinata O P ad 
' Tcftam A B in dato angulo, ducantur pcr punfta C, N, S, xt&SBf C F, 
N E, S L, ordinatas O P parallcl» rcftamque A B lccantcs in F, E, L : 
& pcr polumC fit CM rd^as AB parallcla, redis NE, OP, occurrcns 

in 
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in H, M. Fonatur A B = ^, 

AR = 6y AF =/, CF = Cy Curv« nS>^ "5 

datsB A S K ordinata S L = x, ab- ^/V"**- — /Xlf. 

iciila AL = ;», Curva: defcribends M.i 

ordinata OP=y, abfciffa AP = x, ~_J ^§*C /*\ / 

oC ob datos angulos trianguli [(\ J^ ! \: \ / 

NER fiat RE:EN : :*:^. ^- ^T^ / rV ^/r» 
His pofitis codem calculo quo ' \^x^ Jl B Et 

ufi fumus in Prop. 4. emcrget 

a-x^g^ yh^yf- b c -Y x c •\' by x jf^ -^yf-fg - xc 

a-x%g%yb-yj-hc'^x€'^hy%xg'^yj-fg-'xc 

cum Curva A S K habcat r punfta in polo A, patct tot cffc radtccs 
tam obfciflas si quam ordinata^ S, in acquatione gcnerali, a^qualcs nihilo^ 
quot funt unitates in numcro r; atquc adco ^iEquatio crit hujus 

form» Ag^^t^Bjg^^ + Cg^'*"'^^^^^^ Ez!' 

4- S X F^T^ G ^^ + H;g^^ '+ 1 ^^ ^\ .:/.>.. K;g"^ ' 
+ S*xL-2^''""*+M;c''"" + N;5'' + P«^"' 0.«'""* 

•+S' xK^s^^^^+T^^^^ + W;^""'^ Vjc" X«'"* 

+ ^. s= ^, ubi continuari dcbct ierics ufque dum index: ordinatas S fu- 
erit ^qualis numcro n. Et idco fi elimiacntur quantitatcs ziX, s fiib- 
ftitucndo earum valores jam invcntos, producctur iEquatio in qua ordi- 
nata Curvas dcicribcnds y (C abfcifla x afcendcnt ad 1 n dimcnfiones. 
Scd nullus crit terminus qui non ducctur iny\ Ergo dividantur tcr- 
mini per y, & prodibit -^quatio quac alcendet ad dimcnfioncs m ^ r^ 
atque Linea motu pun£ti O deicripta erit cjuidcm ordinis a » - r- Et 
haud abfimili ratiocinio fi Curva data ASK habcrct r punda in altcru- 

G % crft 
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tro c polis B, C, & pcr cam ducatur concurfus S rcl N, concluditur 
Lincafti defcriptam cfic ordinis in ^ r. 

C O R O X. I. 

Curva deicripta haberc potcft »- r punfta in dato R. Quippc Curva 
ASK rcda5 AB occurrcrc potcft in n pundis & dum concurfus S mo- 
vcndo pcr Curvam tranicat pcr intcrlcftioncs rcdas AB & Curv» ASK ; 
coincident xeAsi^ A S N & B S O, cum B A & punftum defcribcns O 
locabitur in R ; fi cafos lexcrpias tjuibus concurfus S pcrvcniat ad r punfta 
in polo A, nam inibi re£ba ASN erit tangens Curve ASK, &C pro- 
indc Curva habebit tantum n^r punda in R. Ducatur aiitem concur- 
ius N pcr Curvam A S K 8C concurfus S per rcdam pofitionc datam^. 
agaturque rcda pcr polos A, C qua^ pofitionc datas occurrat in Q^ 
«c* eadcm rationc dcmonftratux Curvam dcicripta habcre n ^r punda 

C O R O L. II. 

« 

Curvas afcus n .coocurrcFe pofTunt in polo C. Etcnim ducatur reda 
pcr polos B,C qux curvam datarti ASKfecare poteft inpunAis m &i quo-- 
ties ccxKurfus S movendo attingat intericAiones <jurvd^ A S K &C t<&2^ 
BC cokicidct reda B S O cum B C ac pundum dcfcribens O traniibit 
.per polum C. £t viciflim fi mbvcatur concurfbs N per Ciwram d^tam 
A S K, concurfus vero S per redam pofitione datam, Our^ delbipta 
Ittibcre potcft arcus n in polo B. 

C O K O L. III. 

Curya etiam h^ere poteft n - r punda m polo B. Quii^pe agatiir 
n&A per polos B, G, qiue pofitlone datse occurrat in T, junganturque 
A & T. Et patet cum Curya A SK reftam AT fccet in Jk pundis 
concuifus S moyendo attinget redam AT in totidem pundis, atque co. 

incidem: 
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incident rca» AS N & AT^ coc- 
untibtts N 6C T, nifi cafus excipias 
quibus concurfus S tranfeat pcr 
panda t inpolo A \ nam rcfta ASN 
ibidem erit tangens Curvas datas 
ASK) ta proinde coibunt toties tan* 

tum pun&a N,- T, quot lunt unita- 

tes in numero « - r. Gam vero coc- 

ant puhda N, T, pundum dcKcri- 

bcns O crit in polo B. Et fimilitcr ratiocinaberis de polo C, fi conr 

curfus N ducatur pcr Curvam datam A S K. 




P R O P. XIL 

Tk^Ooeatur cancurfus S reBarum ASN^ BSO^ fer Lineam SJK^ 
^•^ tfrdinis n, qu£ funSta r habeat in alterutro efolis A^ -ff, ^ con^ 
curfui N reSiarum ASNy CNO fer Lineam NFHRy ordii/fs m ; 
vel mcFoeatur concurfus Nqu^fuf^a r habeat in ^ksrutro e feiis 4y(^y 
^ alter Sfer Lineam ordinis m ; atque reliquus O defcrihet Ld/m^ 
ordinis anm - rm. 

* Ut ordoCurv» innotcffcat, agatur ex punfto dcfcribenteO recta TO,. 
& quflcratur in quot punctis Curva defcripta huic rectie occurrere pflif^ 
fit. Si concurfiis O ducatur per rectam T O, & concurfps S fter Linc»- 
am S AK ordinis n puncta r habentem in polo A aut B, reliquQs N 
dcfcribet, pcr Prcfp' prasccd-Lineam QNEG ordinis aif-r, <)aa^ Li- 
ne» datac NFHR ordinis m occurrere potcft m Q^ E, F, H, ^Cf 
quorum numerus eft a»«i-r«r. Et vice vcrfa fi concurfus N ^ctfuc 
per Lineam QN EC jam defcrJptam ordfnis a ^ -. r, 8C S per tineam 
SAK ordinisifi concurfus O percurret rectam TO. Moveaturnimc 
concurfiis NpcrLlneam datam NFHR brdinis «r, cencurfu» VfioS» 



f VU. f g. ie^ 4^g« 



ptt 
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per Lincam SAK ordinis «, 8C quando concurfiis N movendo occurrat 
intcrfcctionibus Q^ E, F, H, Lincarum NFHR & QNEG ordi- 
nnm m ^ air- r concurfus O tunc erit in recta TO; at cum N fit 
in aliis Curvae N F H R punftis concurfus O non erit in eadem reda 




TO, fed Curvam O Z W defcribet. Et ideoconcurfus O toties rcctam 
^O attingere poteft, quot funt unitates in numero anm^rm: a£que ita 
X#inea motu puncti O defcripta cfit ordinis mm-rm. 

P R O P. XUL 



ffi. 



leatur amcurfus Sfer Lineam datam A KS orSnls n qu£ ha" 
beat r functa in alterutro efolis Ay By ^ concurfus Nfer Li^ 
neam datam NRC^JS ordinis m ^ qu£ pundia S habeAt in imerutro e 
folis Ay Cy itaut Line£ data KAS:^ NRC^EJimulnon tranfeant 
ferfolum A\ dico reliquum concurfum O Lineam ordinis anm-rm-sn 

defcrtbere. 

Fonamus Lineam K AS /)r4inis n pun£ta r habere in polo A. Aga« 
tur re&aTOZ) Sc inveftigare opoitet, quoties Linea defcripta motu 
pundi O huic re£be occurrere poterit. Si concurfus S percurrat Lineam 
£AS ordinis n quas habeat r punda in polo A, concurfus vero O redam 
T O Z, rcliquus N defcribet Lineam LF H G G, pef Prop^ pra:ccd. or- 

dinis 
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dinis in ^ r (\n2c punda n habere poteft in polo C, ac Linea: datss 
N R C QJ£ occurrat in piindis L, N, F, C, E, ^c. quorum numerus 
cft a »iw - r«i. Et viciflim fi concurfus N ducatur per Lineain jam 
defcriptam L F H C G ordinis m - r, 5C alter S per Lineam KAS ordinis 
ir, concurfus O pcrcurret rcftam T O Z. Moveatur concurlus N per 
Lineam datam NRCQE ordinis my concuriiis vero S pcr Lineam KAS . 
ordinis n^ 6c quoties concurlus N movcndo tranfeat pcr interfcdiones 




L, N, F, C, G, Lincarum NRCQJS&CLFHCG punaum dcfcri* 

bens O locabitur in rcda T O Z j atquc dum concurfus N fit in aliis 

pundis Linea^ dat« N R QC E ordinis m punftum O non crit in rcfta 

T O Z. Scd c punftis interfedkionum L, N, F, C, E, ^. quas ad 

fummum funt anm^rmy tot coincidunt in polo C quot funt unitatcs 

ia nnmcro s n ; nam quia Linea L F H C G ordinis a « - r ibi habcat n 

pundka, manifcflum ell fi Linca data N R C QE fcmel tranfiret per po- 

lum C fient inibi n punfta interfe6Honum, & fi bis, ter, quater, ^. 

tranfirct per pDlum C, ibidcm coibunt 2«, 3 », 4^/, &c. pun^a intcr- 

feftionum ; atque adeo cum Linca data N R C QE ordinis m toties tran- 

icat pcr polum C quot funt unitatcs in x, facilc coUigitur cfle ^j^ in- 

tcD*- 
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tcrreaiopes CurVarum NRCQE & LFHC G in polo C. C^tcmra 
quando concurfas N, movendo per Lincam datam N R GQ^E ordinis 
Wy tranfeat fcr polum C refta CNO ibidem erit tangens 8t idca punc- 
^uni dcfcribens O non crit in reda TOZ, nifi eadcm tefta CNO fa- 
ctit tangen^ communis ad CurYas N R C QH & L F H C G ; atque itt 
cum concurCis N tranleat per s n punfta interfefttomim qu» fbnt in polo 
C5 rccta CKOtctics erit tangens ad Curvam datam N RC<X,E* Igitur 
quum fint ad fummum ^nm^rm interfectiones Curvarum NRCQJE. 
2C L F H C G quarum s n coincidunt in polo C, patet punctum defcri- 
bcns O totiestantum TOZ decuffar^ quot funt unkatos in inm-rm-^ns» 
Ergo Linea motu puncti O delcripta crit or4inis %mm^rm^sn. Et 
ita ratiocinari licet cum Curva KAS h«beat r puncta in polo B velcUm 
Curva N R C QJE habeat s puncta in poloA. 

P R <3 P. XiV. 

n^rOveatut cdncurjus S reHarum ASN^, JSSd fer ^Lmam datam 

'^ B^ASKy ordinis n^fer folos A^ B tranpnntemy^^ concurfus 

NreBarum ASN^ CNOfer reSlam RKfofitmtdatam ; velducor 

tur concurfus N^er Lineam ordinis n, 4^ franfedt fer fohs Ay Cy can^ 

m 

€urfus vero Sfer r^SlamfoJkione datam i ^ in utroque cafu JmnStum O 
defcribet Lineam ordinis a n - 2. 

Ducatur refta A B F pcr pdlos A, B quas rcftac pofitionc datae K R 
cccurrat in-R, •& cx-pun&o dclcribcnte O fit ordinata O P in dato an* 
^ulo ad rcftam ABF5 atquc per punfta C,.N, S, dudis CF, NE, 
S L ordinatas O P parallelis & rc£kni A B F fccantibus in F, E, L, aga- 
tur reda CMH per polum C qo® reftis OP, NE, convcniat in M, H. 
Ponamus AB = ^, AR «= ^, AF =/, CF = Cy abfciffam Curv« 
<3clcribend0s A P = ;c, ordinatam O P = jy, abfciffam Curvas datsc 
AL»«, ordinatam SL«^: & ob datos anguloi ERN, NER, 
fiftt R£ : N£ : :^^ :^. £t eadcm analyfi ut in^Prop. 4« prodibit 



s = 
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4P 



a-x^g y^yb-yj-bc^xc-^by^xg^rfy -^fg^xc 



& ^ = 



ayb ^xg-^yf-gf^ xc 



-^Z^ng^yb-yf-bc^-xc^by^xg-^fy-^fg-xc 



undc cmcr- 



gct a-^z 



a-x%ag%y b-yj^bc -y^xc 



Gstc* 



a^-x^g^yb --yf-bc-Vxc + ^^ x xg-Vyf-fg -xc 

rum quia Curva K S A QjB tranfit x pcr polos A, B, & cjus abfcifla 

Zy incipita polo A^ manifcftum crit, cum eyancicat ordinata S L = /, 




unam radiccm asquationis rcfiduds sequari nihilo, . & alteram cffc 

A^-^ss ay 2C proinde tcrmini omncs in acquationc gencrali in 

qnibus non comparet ordinata s duci dcbcnt in a -^ z^ atquc adco 
asquatia gencralis Curv« dat» KSAQJ8 ordinis n crit hujus formtB 



A^+B«»+G;5'....D« X^-J5+S)CE+F;c+G;c* H^ 



' — 2 



+S^xK+L;S+Mjs5^ N;c +S'xP+Ct<2J+R«* .. . . T^ ^ 

+ 25^. = 0. Eliminentur autem abicifla « & ordinata j, fubftitucndo 
earum valorcs jam inventos quantitatibus x &^ y involutos^ ac produ- 
cctur asquatio in qua ordinata y 8C abfcifla x Curvsc dclcribends alcen- 
dentad dimenfiones nn. Sed tcrminos inordinem redigendo, conltabit 

hanc aequationcm dividi poflTc per ayg x by-^yf-^cb + a: ^ j & idco fi 

H diVi- 



to DE C U R V A R U M 

dividatur SKquatio, afccndet tantum ad dinicnfioncs a;r-a, acLinea 
motu punfti O dcfcripta erit ordinis a#-a. Atquc idcmdenioiiftratur 
cum Curva dita KSAQJB tranfcat.per pclos A, C. 

G O R O L. I. 

Curva defcripta toties ti-anfire potcft per utrumqtic poium B & C 
quot font unitatcs in numcro n- i. Eodera piojlus argumcnto coUi- 
gitur ut in CoroL a & 3. Prop. 6 iXry. 

corol.il 

« 

Si Curva data K S A Q^B fit jSedio Conica^ ^gura defcripta erit iti» 
dem Se^io Conica. 

T R O P. XV. 

n^rOveatur cancurfus Sf^ Uneam datam Bj^AS ordtnis n, qui^ 
* *^ babeatpmBa t in^akA^ ^p pinHa in j?, ^ aucurfusNpr reBam 
RN fq/itione datami ^)d JucMur tmmr^ ^ jf£r Liueam ordinis n^ 
qu^funSia r ^ p baheat infolis A'^ C, t^ ^g^ker ^fer riSfam fojkione 
datam ; atque reliquus O defcribet Uneam ordinis a n * r - p. 
Gonffaroatut figura «c in Pfop. pra&ced. atque iil^Ea iymlK>}i$ utendo 

proditALa=;c= «== — .. ^ . ^-r^ ~ 

a^-x^giLyh^^f^bc^xc^^yii xg^yf^fg^xc 

fiC SL = .r ayzy^by^yf^cr Vrc 

a-x^g%yb -yf-hc ^xc ^b y% xg ^r yf^fg - xs 

^^x%ag^hy^^f--cb'\' x£ . 

^ a-xy^gyiyb-^yf-bc^xc^-by^gxKyf-fg-^xc 

Sed quia Curva data B QJV S habet punfta rKf/m polis A, B, conftat, 
cum evanefcat ordinata SL= j in asquatione generali| refiduam tot ha- 
bere radices mbHo asquales quot funt unitatcs in r> atquc etlam tot »• 

^ualea 
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quales redas AB^a^ quot iunt unitates in /^ : SC inde coUigitur termi' 
nos in quibus non comparet ordinata S ad minimum affurgere ad z ^, 
ac diyidi pofle per poteftatem a-^jd^ ^i tX. terminos in quibus ordinata S 



i^— « 



yero in quibus 



dimeniionem afcendit diWdi pofle per a-^xi^^ , eof 
S ad duas dimenfiones afcendit dividi pofle per 




2, 

a - «,' — gCka dt cgtcrii, Adeoqttc gq uttioCurvg date BQAS ordinls 
n crit u tfequitar. Ag^Bg^^^^r^Cjg*"^' Dz' '^^^a^f 

4.. ^-S^icTz-^Clz^^^^Kz'*' rz"'^ 

+8' * ' ic Vs^-^-t-WiB^ + X*'^* .¥«"-'"• + ^. =*. 

^ wr iiibAitue&do TMkres jam inTcntos oidinatas S 6C «bfc^ Zy pro> 
dooctitf JEquado in qua Currs de&ribende oidlnata y & abiciflTa x 
a&endcttt ad * » dtmcafioiiei : te fn>ini> aqtem cite dirpofitis dividi potcft 
hatc ^y»&kyet y "" * gf g^^ky yf-cb-^x^^* Idcoquc dividcn- 
ao pety^a^g^ T^ Jy^^yf^iTf-iA^ provcnict iEquatio in qua x & 

Hi >afccn- 
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y afcendent tantum ad %n-r^^ dimcnfiones ; atquc adco Linea motu 
punfti O dcfcripta erit ordinis in-r-f. Et ita concludi licet cuni 
concurfus N ducatur pcr Curvam datam quss habcat r SC/ punfta' ia 
polis A & C. . , 

Idern AU er. 

Pcrcurrat concurfus S rcftam S K pofitione datam, & concurfus N 
Curvam datam NQAPC qu« habeat r punda in polo A &C / punAa 
in polo C. Agatur rcfta TOW 8C qu^ratur in quot punftis Curvam 
defcriptam fecct. Conftat cx Prop. i. fi concurfus O 8C S movcrentur 



pcr rcftas TOW & SK rcliquum N Scaioncm Conicam FEAK.G 
defcriberc, quae tranfibit pcr polos A, C, & CiirvaB datas ordinis n oc- 
ciirrct in pundis N, F, H, A, C, gJ^. quas ad fummum fiint a n. A- 
dcoque viciffim* concluditur fi concutibs 8 ducerctur per reaam S K SC 
interca concurfus N pcr Sedionem Conicam FE AKC jam defcriptani, 
pundum O ipiam redam T O W pcrcurrere; Ducatur nunc concuritis 
N pcr Lincam datam NQAPC, ordinis ^ & S pcr redam SK. Et 
quando concurfiis N movendo pcrvenit ad interfe&iones N, F, H, A,.C, 
\§c. Line» NQAPC & Scdionis Conic» FEAKC, punftum O lo- 
cabitur in rcda TOW j fi cafus cxcipias quihus concurfus N. tranfcat 
jper polos A^ C, etenim dum in iis fit concuxJ(us N^ roftae ASN^,CN^ 
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pcr viccs fient tangcntcs Curv» N QA P C. Scd Curva data N QA P G 
habet (cx hyp.) r punfta in polo A & ^ punda in polo C j et idco 
coincident r intcrleftiones Curva: N QjA. P C cum Seftionc Conica in po- 
lo A, &^ intcrfcAiones in pojo C. Igitur cum concurfus N tranfeat pcr 
r interfediones .in polo A & ^ interfedioncs in polo C, toties rcft» 
ASN, C N O per viccs crunt tangentps Curvac N QA P C, & pundum 
O dccedet a refta T O W : dc ita cum concurfus N perveniat ad 
a ir - r -/ intcrfcdiiones Lineac NQAPC & Scdionis Conicx FE AKC, 
concurlus O redam T O W in totidcm punftis tantum attinget. Ergo 
iinca motu pun£ki O defcripta crit ordinis a » - r — /^. 

C O R O L. 

Si Curva data habcat r punda in polo A, &C^ punAa in B Linca dc- 

lcripta habebit n-r punfta in B, & »-jp punda in C : & viciflim 11 
Curva data habcat r punda in polo A, &^ punfta in B, Linea dcfcripta 
habebit » - r punfta in B, & « -^ punfta in C. Dcmonftratur ad mo- 
dum Corol. a & 3, Prop. 6 8C 7. 

P R O P.. XVI. 

/Ifdem fojhis : ducatur cancurfus Sfer Lineam AKSB ordinis n, qude 
funBa r habeat in folo ^, ^ p funifa in By concurfus vero Nfer 
lAneam LN^^R ordinis m:^ velfercurrat concurfus N Lineam ordinis 
n, qua habeat r ptnEia in Jj^p funSta in C^ ^ concurfus S Lineam 
0rdinis m j dico reliquum O Lineam ordints anm.-rm-pm defcriiere.^ 




Deitionfitatar ad tnodum Piop. v%^ 



PROf; 



I « 
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P R O P. XVII. 



T\Vcatur cdnmrjks S fer Lineam AKSB ordtnU n, qit£ babeat t 
•^ ptnSfa in ph Ay^ ^ ^nSfa in ^, ^ concurfus Nfer Lineam 
LN^JiCE ordinis m qua haheat %p,n^a inph C; vel fetcwrrat cott" 
(Urfus NLineam, ordints n qu£ habeat r $un£ia in A^ t^ ^fun^a in 
Cy gj c&ncurfus S Lineam ordinis m, qua hahedt i ^unSta in B s dicg 
pmBum O defcr^turum Lineam ordinis 2 nmor m-p m-sn + sp. 

Agatur rofta TOZ, & invcftigandum fit quotics Curvas motu 
punifti O dcfcriptai occurrere poteft. Si concurfus S raoveatur pcr Li- 
neam datam AKSB ordinis xr,'qus habeat r punda in polo A, 2C^ 
punda in B, & intcrea concurfus O pcr rcdam datam TOZ ; pundum 
Ndefcribet, perProp; 15. Lineam LHNFGG ordinis a»-r-/, quas 




punda »-/ habebit in polo C, & Curvas alteri dat» LNQRC E ordi- 
nis m occurret in punftis L, N, C, E, G, e^. quas ad fummum funt 
a»>w-r»-^i»;8C contra fi concurfus N percurrat Lincam LHNFCG 
jam dcfcriptam, eoncurfiis vero SLineam datam AKSB oidinis »,,punc- 
tum O in rcfta f 6 Z movebituf. Ducatur nunc concurfus N per Li- 
neamdatam LNQ|ICE, ordinis », & quoties movcndo pcrveniat 
ad interfcaiones L, N, C,. E, G, ^, Lineahim LNQ.RCE, 
LHNFCG ordinum m & ^n-r-^^, quarumnumcnis a»iw-r»-/«, 

punjhmi 
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punftum ddfcribens O attingct rc£lam T O Z j nlfi cafus cxcipias quibus 

concurfus N tranfcat pcr polum C, ibi cnim rcda C NO fict tangpns, 

& punaum O dcccdet a rcda T O Z. Sed cum Linca L N QJt C E 

ordinis m babcnt s punda in polo C, 6C Linea L H N F C G ordinis 

2»«r-^ibidem habcat n-^ punda, coincident j«-j^ intcrfectiones 

in polo C j & proinde pundum O Curvam T O W Z dcfcribcndo totics 

tantum redam T O Z decuflfabit quot funt unit^tes in mm^rm^fm 

- s n -^ sp Hrgo Linea mofu pundi O defcripta crit ordinis 

^nm-^rm^fm^sn-^-sf. Et fimili ratiocinio de altcro cafu in Prop. 

Cjncluditur. 

C O R O L. 

Hinc fi Linc» AK S B, L N QR C E, ordinis » & «i fucrint Scaionci 

Conicte, Linca defcripta crit tcrtii ordinis. 

P R O P. XVIIL 
T Ocentur tres fali A^ B^ C> tn eadfim reEia AB C, ® ducatur concur^ 
fi^ ^t^^ Lineam DSH ordinis n, concurfus vero N fer reBam 
KNR i ^ reli^s O defcrihet Lineam et/am ordinis a 

* Ducatur a punfto delcribente O ordinata OP in dato angulo ad rec- 
tara A B C, &.ei occvirjr^t in P ; dcinde per $ & N ^gantur ordinatse 
OP, paiallpte SL & I?rE, xe^araque ABC fcccAit in L & E. Di- 
catux A6 » ^9 AR=i^, AC=r, A^=.«> Abfcifla Cujv» dabc 
A L 3= £y .c^us ordinatas S L ^^ ^, abiciiri» Curvcs ^^^fqribcnds^ 
AP = ^) ordinata.OP ==^j & .propter ttia^igulum NJER Ipccie datum 

fit R E : NE : : ^ :g, 6C indc N E = "^^^- Quoniam triangula 
AS.N, ANE, funt «quiangula & AL : LS : : AE : NEcrit 
z:s :: u: ^ 5 ^ i^co « = ^7:^^- Et ABpiliter c^b tiiangulji 
CNE, COP «quiangula, ac CE : EN : : CP : PO. * Prodit 

c-u > ^^y^- - ^'^ : ^y ; ■& proiqdc. By^cg^xg "^*^' ^^'^ 

f Vid. fig. fe^ paj^ 
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zbt bcs-bc9\btx ^ ■' . . byzg-zcyg 

?7+^= by-cgXJg ' ^ ^^^^^^"^° P^°^"'' ' ^bcyXg^igx' 

Porro qui trlangula BLS, BP O funt fimilia & B L : LS : : BP : PU 

crit a-z-.s-.-.a-x' y, «C propterca s = '*-^~:i' iEquentur va- 



a-x 



D 




J? L B E 



! lores rca^ SL^ x, &: haWbitur ^ = ;,^^,^^^^^/^-t-^V^->^g > 

& hoc filbftituto in ^^ fiet . = ->— ^fT/ '/ !^-^, y- 5 at- 

atque adeo in valoribus rcdarum « 2C J ordinata_y & abfcifla jf ad uni- 
cam tantum dimenfioncm alcendunt. . I n gquatione gcnc rali Curv« da- 
t» DSH, S» + XrTB ,cS«-' +C«* + D« + Ex S*"* + 
F;s' +G«*+ H« +K X S * ~ 3 + ggf . = tf, fubftituantur valores 
invcnti reaarum ;s 8C /, atquc producetur ^quatio ubi ordinata^ 8C 
abfciira « crunt cju^cm ordinis n. Ideoque Linea motu puncti O de- 
icripta crit ordinis «. 

Idem Altter, 

Nam fi agatur recta EOK in plano LineedclcMbcnd», & ducahtur 
concurfus O & N pcr rectas EOK, RNK, r^^iqaus S pcrCoroI. 15. 

Prop: 
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Prop. I. delcribet redam K S D, quab occurrere poeeft X.iiie« dat» H8D 
in pundis H, S^ D, ^. quorum nunKrus erit n : fiC yidflim fi ducantur 
conturius S Cc N per redas KSD« R KN% reliquua O pcrcurret icAam 




JB X 



£ OK. Momtur jam co n c nr fi i s 8 per lineam datam HSD ordinis n^ 
altcr yero N' pcr reftam R N K ; 2C quotics concurfus S occurrat intcr- 
fcaionibus H, S, D, t$c. re&x K S D CC Line» dataj H S D, punaum O 
crit in reda EO K, at non fepius. Idcoque Linca E OF motu pundJ 
O dcfcripu occuncre potcft te&x E O K in fi punais, & propterea erit 
ordinis n. 

» 

P R O P. XIX. 

^Tl[dempjith\ ducantur cmcurjus S ^ N fer Lineas DSH QJ 
L NM^j ordinum n 5!J m j SJ reliquus defcribet Lineam ordi* 
nis n m. 

Agatur xefta F O G in plano Lincas delcribcndsB, ac pcr cam movea- 
tur concurfus O, alter vero S per Lineam H S D ordinis n ; 6C reliquus 
N defcribct Lincam N QK R ctiam ordinis, n pcr Prop. pr«ced. quas 
Lini» datas L N M Q^ordinis m^ occurrcre poteft in punftis L, N, P, 
Q^ K, C^. quorum numerus cft fim :. SC contra (i ducatur concurfbs 

I Sper 

• Vid. fig. ftq. pag. 



58 



DE C U RV A RU M 



S per Lineam D SH ordinis n^ & concurrais N per Lineam jam defcrlp* 
tam N QK R ejufdem ordinis n ; pundum O percurret ipfam redam 
F O G. Ducatur nunc concuriiis S per Lineam datam D S H ojcdinis n^ 




ac concurfbs N per Lineam datam L N M Q^ ordinis m^. & qiianda» 
pundum N occurrat interfeaionibus Linearam L N MQ^ & NQKR ; 
punftum O erit in refta F O G. Sed cum N £t in aliis Curv« LNMQ^ 
pundis^. pundum O redam F O G non attinget. Igitur Linea £ F O G 
motu pundi Odefcripta occurrere. poteft reds FOG in nm pundis,^ 
2C proinde elrit ordinis nm. 

p R o p. xvn. 

« 

* JDQ/itis qua in Tr&f. 14^ Ducatur cancurfus S fer Lincam SKJB 
^ orimis n, quafmel tranfeat fer fohs A^B^ f§ concurfks N^j^er 
Lineam NMCRA or&nis my femeltranfeuntem fer plos A^ C^ Sco re^ 
Uqnum coneurfum O defcrifturum Lineam orSnis anm-im-an + 2.. 
Agatur reda OT Z, SC quasratur in quot pundis Linea motu pundii 
Q defi:ripta huic redas occurrere poteft. Si moreretur concurfus O per 

redam. 

* H«c Prop. c(dlocari dcbdt rata 14 ^ if, fed currcnte prclo onufra fuit. 
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redan O T Z, 2C interea concuiius S per Lineam SK AB oidinis n j 
quus N defcribet Lineam N C D L A ordinis m^iy per Prop. 1 4, quis 
pufifta if- 1 habebit in utroque polo A,G, £C conveniet Lineas NMGRA 
ordinis m in pundis N, C, E, F, A, H, ^. qus ad fummum funt 
anm-^im: £C vice veria fi ducatur concurfiis N per ipfam Lineara 
NCDLAjamdeicriptam & interea concurfusS per Lineam SKAB^punc- 
tum O percurret redam OTZ. Adeoque quoties concurfiis N movendo 
pcr Lineam N M C R A ordim*s m perveniat ad interfediones N^ G, £, 
F, A, HytSc. LineanunNMCRA £c NCDLA^ punftumOloca- 
bitur in refta O T Z, at non fbpius^ exceptis tantum cafibus quando 



I . ♦ 

i.c \ 



c<Micurfa« N tranieat per polos A, C, ibi enim rca« ASN, CNO 
alternatim fient tangentes Cunras N M C R A, 2C punctum O recedet 
a refta O T Z. Sed coincidunt a « - a interfeiftioncs Linearum 
NMCRA & NCDL A in polis A, C, & proindc puncturo O to- 
ties tantum redam OTZ attinget quot funt unitates in numero 
anm-2W~im-\-2, Ergo Linea motu puncti O defcripta crit ordi- 
nis a«i»-am-2»+ d. 

C O R O L. 

Hinc fi Curvs SKAB fiC NMCR A fuerint Sectiones Cot^ica:, Curra 
deicripta eyadet edam Sectio Conica que tranfibit per polos B, C. 

I a SECTIO 



»«• 
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S E C T I O III. 

I 

Ubi defcribuntur Se^iones Conic» ope plurium reo 

tarum circa polos moventium. 



P R O P. XXI. 

J^Jria quatmr pmda Ay By €y />, iiata m flam ^pm)isy tanquam 

^ foksy ma>oiantur quatiur rt&a JNOy BSOy CNMy DSMy qud- 

fefi iuterfecent 4» fex fun£iis My Ny OySy ZyT', ducantur tria inter^ 

pSHomm funSta My Ny S, fer tres re5ias M^ NEy SH fojhione: 

datas ; dico reiifua O, Ty Zy SeBiones Conicas defcribere, 

Per punfta A 8c B ducatur reaa R ABF datis NE, MQj SH, occur- 
lens in E, Qj & H. Eligatur e tribus O, Y> Z, punaum O, & adaOP or- 
dinata ad rcaam A B in dato angulo inclinata, ex pundis C, N, M,. 
S> D, ducantur rca« CR, N L, M V, S G, D F, ordinata O P paral- 
lcl«, qusB reftaB R A B E oceurrant in R, L, V, G, F ; & idco datas: 
funt CR,*DF, AB, AE, ER,BH, FQj RQ^, HF, deniquc ex datis C & 
D aganturCIW, & DXT red» R A B F parallela:, fccentque reaas- 
NL, MV, & S G in punais I, W, T, X^ & inde crit C R=I L=V W^ 
& DF«GX=VT. Sit AB=tf, AE = /f, RE = r, BH = ^,. 
FQ,=/> CR=<r,DF = </, itQj=f, FH = i&, EL = «, Q,V = «,. 
HGssj, AP=*f, PO =^. Quoniam pofitione dantur rea« N E, 
M Q, HS & AB, dabuntur ahguli AEN, BQM, B H S, & quia anguli 
ALN, AVM, & AGS fiint acquales daCo AP O, dat» erunt triangu- 
lorum L EN, QM V & SHG rationes laterum. Fiat EL :; LN : : ^» : » 
& QV t _M V : : a \ w, & H G : GS : : a.g\ Adeoque crit 

LN = -r-, M V 3= — -, G S « ^. Pono autcm quiasquiai^ula funt 
triangula ALN 8C AOP 8C inde AL : LN : : AP: PO crit 



r 
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nz 



Et fimiliter ob trianguU C IN & C W M acquiangula & C W : WM 



um 



nz 



: : C I : IN crit a + 1» : -— - r : : r-« • T" *■ ^ ^^^ mrw 

* a 

iBqucntur valorcs rc£bBEL = «& crit «^^rw^+Tirx^x +^y -^ 
qca - rac >c »a» + <»j' =« x w + ^x^^^y^.j'»-^^» x <»i)» & ideo 



rac-qca%ux-^ay ■\'qn-ca % aky 
rw^ac ^nx-\-ay^aJky^m-Yn 



. Triangula BGS £cBPO 




foflt etiam asquiangala £C 6G : GS : : BP : P O, £c protnde eiit 

^-x : */ : : <»-x : y, ^i^coiya^say^sga-sgxtX.s=:j-^:^~^ 
Penique cum triangula D X S £C D T M funt fimilia SC D X : X S : . 

DT : TM crit b^s : ^ -4/ : :f-u : *^ -1/ adcoque hum-had 

j r r j t j 9t had-hum'-fad-\'adu 

-sumJtsad^^fis-fad-risu-iradu & i=«, — ^.y-^./w.+^V ~ 
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hya had-hum^fad\dau . ^ «. 

undc crit . ^ ^ =s — „„ f„ ..^j^^j — ^ frattiones rc- 

ay-\-ag-gx gu^ jg^um-Ya d 

ducendo u % da-hmyc ay-^^ag^gx-^had -/ ad %ayTagPgx^u ^g-m 

1 ._ fad-hadn.ay-\-ag~gx-'(rad-fz^iya 

-^hya^aH -£x bay 8C indc u^^f^ ^ -^ ^ ^ — rg--^; 
•^ •'«.-' da-hm%ay-\-ag~gx-\^m-^g^oya 

Ergo fi «qucntur duo valoies rcd» u 5= QV, jam reperti, prodibit m- 

quatio ad Scdioncm Conicam. Eadcm analyfi mutatis mutandis pate- 

bit pundb rcliqua Z & Y Seftiones Conicas delcribcre. 

1 

Idem aliter. 

Quoniam circa polos C, B, D moventur trcs rc£bB CMY, BSY, DSM 
lclc intcrfccantcs in tribus pundis M, Y, S, quorum duo M £C S du- 
cuntur pcr datas rcdas QM 8C HS, rcliquum Y pcr Prop. i. Scftioncm 
Conicam dclcribct pcr polos C 8C B tranfcuntcm. Similitcr quia circa 
polos A, C, D, movcntur trcs rcdx ANZ, CNM, DMZfibi occurrcntcs 
in tribus punftis N, Z^ M, quorum duo M, N, pcr datas rcdas E N 8C 
QM ducuntur, tcrtium Z ctiam Sc^tioncm Conicam dcicribct qua^ trai^- 
fibit pcr polQs A 2C D. Cflctcrum circa polos A, B, D movcntur tres 
rcft© A Z O, B S^O, D S Z, fibi occurrcntcs in tribus pundis Z, O, S, 
quorum unum S pcr datam rcdam S H ducitur £C altcrum Z pcr Scc- 
tioncm Conicam pcr polos A 2C D tranicuntcm ; SC idco rcliquum O pcr 
CoroLProp. 14. ctiam Sc£^ioncm Conicam dcfcribct. Ergo tria punda 
Z, O, Y, Scctioncs Conicas dcfcribcnt dum rcliqua tria N, M, S pcr da« 
tas rcftas E N, QM, S H ducuntur. 

P R O P. XXIL 

f>lrca quhqugpinifa data A^ B\ C^D^Ein ^lano quavhy tanquam 
^ pios^ mwoeantur quinque reB^AKM, BTS, CXS, DNOy ENT^ 
quafefe interfecent indecem ptn£t'ts My iST, S, % K, OyfVy XyZ, Ty 
dueantur quatuorinUrfe£iionumfuncia MyNiSiTy^er quatuorre^as M^ 

nl] 
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5H, Tey fofiume datas j dico Jex reliqua Ky O, r, X, Zy T, SeaUmes 

GeHkas defcribere. 

E fcx punctis K, O, W, X, X, Y, eligatur quodlib«t O, rectarum 
AMO & DNO conairfus & qu«ratur iEquatio Curv« defcnpt». Pcr 
puncta data A & B agatur rccta datis SH, LN, M d, T * occurrcns m 
puncti» H, L, Qj r. Ex puncto defcribentc O ducatur ordinata O P ad 
rectam AB in dato quovis angulo OPR inclinata atque per puncta C, 
D, E, M, N, S, T, age rectas CR, DF, EI, MV,NA, SG,Tr, or- 




XJt A HY*" i- ^ "2* t Z O* J^ 

dinatx OP, parallelas & rectas A B occurrentet in R, F, I, V, A, G, U 

& ideo dat» funt C R, DF, EI, LI, A Qj QR, HR, AF, BH, B^, 

1 1, FL, denique per puncta C, D, E, dacantur C «►i-, D » f, E//, rec- 

tB AB parallcl» & rcctis M V, OP, SG, N /&, T^ occurrcntes in w, ^r, i, /, 

«, / & proindc C R=jw V=i: G, D F=» A^jrP, EI=/ A =/r. Dica- 

tur AQ=«, B tf=^, C R=ff, D F=</, E I=/, AF=/, LI=^, QR=r, 

HR=/, BR=/&,vI=/, FL=/, HG=j, *^ =^, QVs», LA=«,or- 

dinata O P sjr, abfcifl& A P = x. Quoniam pofitione dantur quatuor 

rect» MQ^ N L, SH, T <?, dabuntur anguU MQA, NLB, SHB, T eKy 

R quia anguli M VA, N i& A, S G A, T r A, funt «quales dato O P A^ 

dat« erunt rationes latcrum triangulorum M^QJVj N L ^, S H G, T r r. 

Efio 




^^ 
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MoQV : VM::tf :». 1-b : hf^ : : a:n, KG :QS :: a -.giZ 

te:Tt::a:k', undeeritVM^ ^» '^ N= ^, SG= ^, T r* ~ * 

' .<» a ' a ^ a 

Csctcnim propter triangula AVM & APO asquiangula, & AP : P O : : 

AV : VM crit x : y : : a-^u : — p &C «= — ^. Et fimi- 

^ ay-^-xm 

ter ob triangula C M «I 8CCS;6 asquiangula, SiCm : Mm : : C k : ks 

um , sg _ pac^- sac -^- siir^arc 

criitr-»:— — -^::/>+J = "T -^, cC«=^ ^ , 

^ ^ ^m-^-sm -^- sg-ac 

y a^ ^ p a c + j^^ + sg r - a r c 
'^ pm ^ s m^ sg -^ ac 



\ unde 



adco que erit ^ y ^ ^^ 

rc r- pc-ac ^Pm x /3^*y + ;c« x r a c -- ap c 

s- —^ ;^ =%=r— ==^=== -^-- — ^ ^ . Scd tri- 

- ya^ li m-^^g ^ay-^-xm ^ac-\-gr 

angula BT^ & BSG funt etiam fimilia, & Br : Tf : : B G: GS. Et 

tk sg ^ tkh 

ideo crit ^ + ^ : - : : A-x : -^, K j= TgTtJ^h ^ proindc 

^)&A rc-^fc-ac^rpm^a^y^xmicrac^a tc * 

¥+^F+^" «T+^x^-f^r^^^^x^ ,&mveiutut 



ietf*? X ^^ — ?^ — ac ^ p m 4- c g^ x mh % r — * 



Quinetiam triangola DNil «C DO^^ funt fimilia, & D;ir : N/i : : D^ : Oq 

• f ^^ j ^ j Ar-^ ^^7 ^d- ly - df-^c dx%4^ 

€rit/-« : -~ ^d: :/-/f : y-irf,KindeZ= — — ■' ^^ "^ — - — j^. 

a ^ nx-^nj-ay -^ ad 

©eniqucobasquiangula triangula E/N & ET/,& E/ : /N : : E/ :/^T, 

« , «» . ^ tk fc. . j qtk^qae-^aei-^aet 

^ a a nt-nt-tk-ta^ 



Tpay 



tmdc 



tinebiturf=i : 



a^ei-qey^nx- nf- ay-^ad +^ ><jri-+ ae^^ly--' td-^-df-^dx 

ly-ld\df-dxii,a^n-\k \a^'qk-^Hx-fn^ay\ad 

jEquen- 



i 
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.ffiquentuc. duo ralores jam inKOti n&e /« = /, SC denoipinjtoreq 
aolus ducendo in numcntorcm alterius oriotur iGquatio ad Seftionem 
Conicam. £t Hmili ratiocinio demonftratur quinque punda reliqua 
K, tV, Y, X, %, Seffionca Conicaa defctibcie. 

Mem Aliter. 

Quoniam concurfus N 8cT rcftarum E NT.DWN, BWT, mo- 
vcMur pcr reaaj N L, T « ; reliquus W pcr Prop. I. dcfcribet SeAio- 
nem Conicam pcr polos D, 6, tranlcuntem ; SC quum concurfus S 6C T 
eclarum BTS, CXS, EXT pcrcurrunt rcSasSH, T<, reliquus X 




deicribet Scfiionem Conicam peipolosC, E: (cfimiliter quia conciiTliu 
S K M leaamm CMS, BSZ, AMZ, ducuntui per ieaas6H,MQj 
panftum Z dclcribct Scdionent Conicam pcr poloa A, B. Prctcrca 
cum concurfiisS rcdarum BWS, CYS, movctur pcrreAamSH, 2C 
caocaifiu W leaaiam D W Y, B W S pcr SeOionem Conicam poUx S, B 
K tiaar 
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tranfeuntcm ; pun6him Y pcr Corol. Prop. 14. defcribet Seftioncni Co- 
nicam quas attinget polos C^ D : & paritcr cum concurfus M redarum 
C X M, A K M, ducitur pcr redam M Q^, ac concurlus X redarum 
EXK, CXM per Sedionem Conicam attlngentem polos E^ C ; punc- 
tum K Sedionem Conicam defcribet per polos E^ A : denique concurfus 
M redarum A M O, C M Y, movetur per redam M Q^ & concurfus Y 
redarum D Y O, C M Y per Seftionem Conicam polos C, D percurren- 
ten:i ; &C ideo pundum O defcribet Sedionem Conicam per polos A^ 
D. Ergo fex punda W, X, Z, Y, K, O, Sediones Conicas defcri- 
benL 

P R O P. XXIIL 

Tlfdem fojhisfit n numrus reSiarum circapmBa Ay 5, C, Z>, £, F, 

*^ &c. tanquamfolos moventium qu^fefe interfecent in ^nSiis qua ad 

n ^ ^ n 
fummum funt j ducantur interfeifionum j^nSta n - 1 fer reBas 

totidem datas j dico reliqna ^ ■ SeSfiones Conicas defcribere. 

u* — ^ n-V"i 
E pundis ■ quas per redas politionc datas non ducimtur eli- 

gatur quodlibet O & quacratur ^quatio Curvx defcriptfle. Per punda 
A, B agatur refta AB pofitionc datis MQ^ NL, SH, T^, Wll,e5r. 
occurrens in Qj L, H, ^, R, gj^. & a pundo O fit o^dinata O P in da- 
to angulo ad redam AB, atquc per interfeaiones M, N, S, T, W, ggr. 
quae pofitione datas percurrunt agantur ordinats O P paralicla M V, 
Ni&, SG, Tr, WI, e^. rcaamque A B fecent in V, i&, G, f , I, SJr. 
Dicatur AP = a?, P^=^, Qy = i>, LA^jc, HG=x, ^r=r, IR -r, 
2tc. Quoniam tot funt variabiles ir, jc, j, r, r, &c. praster ordinatam y 
6C abfciflam x quot funt redse pofitionc datac quarum numerus cft ^- 1 j 

mani- 
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manifeftum cft cx analyfi duarum Prop. precedentium totidem efle s- 
quationes quibus variabiles u^ Zy Sy ty fy SCc. determinantur quot funt 
circa polos A, B, C| D^ E^ F, &c. reftas mobiles quarum numeras eft 
19 ; SC ideo exterminari poflunt omnes variabiles Uy Zy Sy ty fy 2Cc; At- 
qui dux tantum funt squationcs in quibus occurrunt ordinata y £C 
abfcifla Xy hujus forms KxuAr Byu + Cx + D^«=Ei<+F 6C 
G;cj + Kys + 1 x + Kjf = Lx + M, ubi x, y, n, x, ad unicam dimeb- 




ao nt 



floncm afccndunt & cocfficicntes A, B, C, D, tSc, funt quantitatcs cog- 
nit«. CactcrsB vcro «quationcs funt hujufinodi Nn^+Pu+Q^+R^*» 
S«r + T;s + Wr + X = o, ^?/ + ^^ + tfJ + </-<'> frt-^^gr-^ht 
jfk^o^ &c. ubi quacvis cx indctcrminatis u, J, «, r, r, cft unius di- 
mcnfionia atquc occurrit in duabus tantum «quationibus, 8C indc valor 
du8 exprimi potcft pcr fradioncm in cujus numcratorc K denominatorc 

K « oceut- 
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occurrit alia varkbilis etiam unius dimenfionis, & hiijus itemm valor 
fxprimi poteft per aliam fra^ionem in qua eft alia variabilis ynius 
taiitum dimenfionisy £C fic deinceps* Unde ii inveniantur duo valores 
^jufvis ex indeterminatis u, Sy Zy r^ t^ pofTunt hi tandem exprimi dua- 
bus fradionibus, in quarum numeratoribua 2c denominatoribus abfciilk 
X 2C ordinata y ad unicam dimenfionem alceiKlent. ^quentur valo-» 
res reperti, &C ducendo unius numeratorem in denominatorem aiteriuSi^ 
pioducetur iEquatio ad Seftioncm Conicam* 

Idem aJiter. 

C A S. I. 

Locentur puncta interfectionum qus per rectas pofitione datas di^ 
cuntur in eadem recta. Dicantur rectac, quas circa polos moventur K> 
L, M> N^ P, Q^ f$s^ quarum numerus fit ii ; £C moveantur interfecti- 
ones rectas K cum ca:teris L, M, N, P, Q^>. ®r. pcr rectas pofitione da- 
tas quarum numerus «- i. Quoniam nuiHeru^ interfectionum rectarum^ 

K, L,M. N,P, Qj ^c* ad fummuai eft £ fubducatw »- 1 nu-^ 

nlerus interfcctionum rectae; K eum ca^teiis L, M, N, P, Q^ ^. qua^ 

pcr pofiticwie datas ducuntur reflabit — — ^ pro reliquo numera 

ihterreftionnm reftdnar» L, M, N, t*, Q^y (^. quse Curvas defcribcnt;. 
Sed manScftum fcft omncs lieftas, K, L, M, N, P, Q^ ^c. tw triangu-. 
!a conficerebafes habentia in eadem ibdi^ K quot funt unitates in numeio 

i— : — - j 2C ideo cum horum omnium anguli qui Eint ad bafcs 

ducuntnr per reSas pdfiticne dattis patxt corxmi vcrtice? per Prop. u 
Seflioaes Conicas dclcribere* • Eqgo omnes interfediones quse r^itas^ 

noa. 



« 



D E S C R I P T I O N E. 6? 

non pcrcurnint quarani numcrus » ■■> r ■ ■ Scdioncs. Conicgs 4^, 
cribcnt. , , , 

C A S. II. 

Loccntur utcunquc puncta intcrfcAionum, quac pcr redas pofitionc 
datas ducuntur. Quoniam una cx intcrfcdionibus cujufyis rc£ta: cum .alia 
ducitur pcr rcctam pofitionc datam 3 fi cligantur quaslibet trcs, quatu- 
or, aut quinquc, c rcctis K, L, M^ N, P, Q^, R, gjr* quac fuis in- 
tcricctionibus ductis pcr rcctas pofitionc datas conncctuntur ^ ha:, duo, 
tria, aut quatuor puncta intcrfectionum habebunt, quas datas pofitionc 
pcrcurrcnt; & idco pcr Prop. i, ai, 22. rcliqua i nterfcctionum pupc* 
ta, in hifcc tribus, quatuor, aut quinquc rcctis, Sectioncs Conicas dc- 
lcribcnt. Adcoquc fi fucrint tantum fc3C rccta^ K, L, M, N, P, Q^y 
qus iefc intcrfcccnt in 15 punctis, quorum quinquc ducantur pcr rec-» 
tas pofitione datas ; quaslibct trcs, quatuor, aut qninquc cx hifce rcc* 
tis feorfim confidcrari pofTunt, ad modum Prop. i, 21, aa, fumcndo 
eas alternatim quot modis ficri licct, & proindc colligitur 10 puncta 
reliqua intcrfectionum rcctarumK,L,M,N, P,Q^% Scctioncs Conicas de^ 
fcribcre. Et fimih'tcr fi fucjint fcptem rcctx K, L, M, N, P, Q^, K, fefe 
kitcrfccantcs in 21 punctis, quorumfcx ducantur per rectas pofitionc 
datas, quclibct trcs, quatuor, quinquc, aut fex, cx iis feorfim confi-^ 
derari poflunt, fumendo cas altcrnatim quot modis fieri licct ; & prop- 
tcrea 15 puncta rch*qua interfectionum rectarum K, K, M, N, P, t^^ R^ 
Scctiones Conicas defcribcnt* Et ita dcjnccps. Ergo fi fuerint n rcc- 

tas K, L, M, N, P, Q^ R, S5^,fefe intcrfccantcs in punctis 

quorum » - 1 puneta ducantur pcr rcctas pofitionc datas ; qu«h*bct 
trcs, quatuor,, quinquc, fex^ fcptcm, otto, ^. cx iis fcorfim confidc- 

lari 



